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REVERENDO 

In Chriflo Patri & Domino, 

D"r G I L B E R T O. 

Providintia divina , Epifcopo Sarishurienji, 8c 
Hobiliflimi Ordinis k Periscelidb 

C A N CE LL A R I O. 

T^Batum hunc6eometricum tibi i^B^erende ^rne- 
Jut) dicatum volui, ut Jmml graiitudintm pub- 
lici tejiarer, ob innumeras ^Benevolenti^e tua notas 
toties O* tam munipci m me collatas. Tu Studia nojira 
Conjilio , O* Sumptibus tuis promoviHi \ dquum pro- 
inde cenjfeo, ut hoc qualecun^ue eofumfpecimen in lucem pro- 
deat Nomni tuo con/ecratum, Neque tanta eji Theohgiam 
inter <u* Geometriam repugnantia, {quicquid ^hanatici qui- 
dam utriu/que pariter Ignari in contrarium obganniant) ut 
tihi res huju/modi offerre ab/urdum videatur, Cogno/citur 
Deus ex operibus^ ^j^fli ^P^'^'* nemo, niji Geometria aajutus, 
aui non velpror/us ignorat, vel leviter admodum intelligit. 
Dem etenim itijingulis Univerji partihus Jormandii Geme- 
tram egtt perfe^i(fmam, hoc eji, ratione operandi certijfima 
Z^perfeEiiffimaJemper ip* ubiqjujiisejli quodtibi (^ve- 
rende Trdful) omnibu/que interioris Wlojophid peritis ma- 
gis e/i manifejiumy quam ut prolixi illud dmonjirare ne- 
ce/si haheaturi Qjii mirabilem Oculi /abricam betie per- 
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pendety fatehturuttjue Deum in illks formatme Leges 
ticii^fuUilijJiMas}^^ : ^Mi^mmt^emTii^^^ 
firuBuramy ebruin concinnam cum ojjlbus unionemj ifjoru 
que Offmm elegantem compagem^ necnon accuratam omniu^^ 
Artuum connexionem {quibus Motus Ammalium peragitur/ 
rite intcliigtt ; proculdubio inveniet eximium hoc Corforis 
noJiriAutomatonfuijfejuxta^gulas Mechanicas Geome- 
trictts conUruEiunu 

Tojfem multa alia jyifviH^hujusGemetride^egregia Ex- 
empla^ ex ca^lejlium Corporum motibus^ aliisque natur^ ph^- 
mmenis petita proferre ; Ji opportunus daretur locus eaom" 
nia minutatim enucleandi^ qua abund^ demonjirarmt Geome- 
iriam non minus fanx, Theologi^y quam ver^ .Thilofttphi^ 
anciltari. Sed h^ confulto jam omitto^ iquorum veritas 
^ evidentia te latere nequeunty qui ^hilofophiam chymkis^ 
aliifque experimentisy necnonfublimiores^magis reconditas 
Mathejios difciplinas tam accuratd projequutus es^ ut Jint 
minima adulationis nota dicere jure liceat y vix aliquem 
majora auxilia exfolidis hijce fundamentis deduxijfe^ ad dif 
fictliora ^ligionisproblemdtA explicahda <sr Jlabilienda. 

Tlura jan 7ion addo^ ne QgTcti imi immemor^ ulterius 
quam decet progrediar. Ut te %eipuhlic^ Uiefuri^ DecuSj 
C florentiffim^ Ecciejiae Anglican^ Ornamentum favore be- 
n^no protegaty er» incolumem fervety DeumOpt. Max. 
fupplex ^S" ex Mmofuo oraty 

, Servus T ws HumiUtmus^ 

Tufqne Obfenrantiffimuii 

« 

» ,•■■'■ 

'■ ■••■ -.- •■.. «.i. . 




. i ^#; 



^m^mmmm 



_-^,.--<s4;'-j^.j;|i-*^.;- .*--.- 






■ • ^ 



L t 3 



■<■ ^' 



} 



DE 



FIGUR ARUM 

QUADRATURIS. 



y<^rj Trior. 



I 



N Adis Philofophicis Regias Societatis Anni 1686. Speci*, 
men exhibui Methodi generalis determinandi Figurarum 
ladraturas : cumque poftea plus otii nadus fueram^ cre- 
im me non pofle illud meHus, quam in eadem materia 

ulterius perficienda, collocare ; plunma enim tum deerant, 

quasque me jam feliciter obtinuifle fpero. Ne autem nimium mihi 
adfcribere^ vel aliis detrahere videar^ libenter agnofco Leibnitii 
Calculum diflerentialem y tanta mihi in his inveniendis fuppedi- 
taile auxilia^ ut fine illo hsec vix aflequi potuiilem ea^ quaopta- 
bam fadlitate : quantopere fblid^m &c fublimiorem Geometriam 
hoc uno nobiliffimo invento adauxerit Geleberrrmus ejus Autorj 
peritiflSmos hu jus asvi Geometras latere non poteft ; & quam in- 
lignis fuerit utilitatis^ in dimenfionibus Figurarum inveniendis fe- 
quens hic Tradatus fufficienter indicabit. Abfoluta parte hujus 
priorij qua? Fig^ras fpe^ftat Alg6braicas j & quarum Qiiadratices 
lunc etiam Curvae Algebraicas ; eandem ego Methodum promo- 
vere volui ad caeteras Figuras Algebraicas^ quarum Areas non niH 
per Curvas tranfcendentes deternlihiari poilunt. Sed dcficiente hic 
Calculo Leibnitii difierentiali, noya mihi Tangcmium Meihodus 

B excogttanda 
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excogitanda erat^ quamque ex principiis tam generalibus dedux^ 
u£ nmlam refpuac tran(cendeati& ipecifim> vel maxim^ compofit^^ 
Atque huius ope Circuli & Hyperbolae Qsjadraturae Tranfcend^/z 
tes^ pari racilitate) qua aliarum Figurarum Quadratura: Algebrarca 
inveniuntur. In eo tamen prasfertim nitet non contemnenda Me 
thodi noftrae praeftantia> quod miQ ^alculo infinitarum Figurarun 
Quadraturas abfblvat : Et quia in&nltx (unt Figurar^ quarum Area 
cum (implicioribus comparari pofTunt^ oftendam quo pado com 
pjtraoda (it qua^libet Fjgura data ciim fimpliciffima ejufHem genOv^ 
ris Pigura : Unde Theoremata generalia deduco, quibus Quadra:^^ 
turae particulares abfque omni computationis moleftia invemuntur 

Fig. I. Sint Jua Curva FGH, ACS ita inter fe relata, ut duSd PG per" 
feniiculari ad quodvis Curva funSum G, fit intercepa PM aqui^ 
lis linea MC, ^ua efi ordimitifP applic^i^ alterius Curva ACS ad 
Axem communem AD» erit dimiaium ^adrati ordinata GM in 
Curua FGH, atjualis Area CurviJinea AMC, re£fis AM, MC 
& curva altera AC comprehenfa^ id eft aGMj^AMC. Demon^ 
ftratur boc Theorema in LeiHonibus Geometricis D. D, Barro w. 

■ - ■ ■ 

C(;r«>/. TNvcnire Quadr^ituram Areae cujufvis Curvilincae "AMCf 
L idepi eft| atcjue aliam Curvam FGH invenirCj cujus in- 
tercepta PM Gt asqualis ordinatim 4L{^licatas MC in Figura Qjia- 
dranda AMC. Cujus pulch^rrimi Problematis iplutionem dabo 
facilem & generalemj quoniam ex hoc tota nojHra Methodus de- 
pcndet. 
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Ds$4 exjnrij/unki ^nsljiticaipterceptaVtAj afuatimm invenke, qua 
Curv^ ifiius FGH umursm defmia$. 

SIT commums utriufquo Curva? abfei^ AM;;=^> ordinatim 
applicata GM==;x^ & MC=2&^ & (« ) quaqdras data & de- 
terminataj Unititis Locurn fupplensj ad efficiendos ( (i opus fue* 
rit) omnes terminos acqualium mmenfionum. Solmioi Reducatur 
expreffio Analytic^ iotcrceptas PM (fimi MC) bA formam fitnpli» 

ciffimamj liberaado tqrounum ji^ qumtttm fien poteft» a fistiis 

R.adicaliDusj 
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Radicalibus, (fi talia occurrant) ita tamen ut quantitas^ extra vin- 
culutn generale lion habeat Exponentes diverfce Denominationis, 
ab exponentibus eju(3em, qui fimt fub vinculo : Expreffio fic re- 
ducfta multipiicetur per quantitatem y : Et apponantur omnes Po- 
teftates (quantitatis;') quae fub maxima produdi poteftatc contincn- 
tur; tales autem^ ut Poteftates appofitaj habeant exponentes ejuf- 
dem Natur« & Denominationis cum exponente maximae Potefta- 
tis in produAo : Affidantur hi termini coefficientibus h^ c, d, e, 
f, &c. quancitates incognitas Denotantibus ; erunt hi termini f qui- 
bufvis fignis connexi) altera pars arquationis quariitar^ cujus altera 
cft xk=dGMq, vel faltem quarlitam eminenter continebit. Atque 
hoc faciendum cft, five exponens maximae poteftatis fit affirmati- 
vus, feu negattvus^ intcger, feu fradus . Ut fi valor lincae PM 
( feu MC ^ in 7 multiplicatus habeat / maximam Dignitateni 
quantitatis y extra vinculum^ apponendas funt omnes Dignitates^ 
quarum Exponentes continentur fub 6 ; erunt ic«que termini ap- 

Sonendi /, f^ /i./j f^ j\ f (=i ): Vel fi rcperiatur in pro- 
uftoj'-^ extra vinculum, erunt termini apponendi, j-*, y-^f 

^"S ^'"^ 7"^i J^""S 7""° ( = i) : Vel Gy* fit maxiraa Dignitas 

Z fL i. 

in produdo extra vinculum, erunt termini apponendi y^^j^^y*, 

¥k, 3 JL X £■ 

7*> ^*f y^-> y^9 y^ C=' )j VcI deoique fit maximus producai ter- 

-i -i «4 -X -A 

minus y *, crunt poteftates apponendap y ^^ y ^^ y ^^ y ^^ 

^ 3j jf ^ ( = I ), Ex asquatione hoc modo ooitftituta inveftige- 
tur valor analy ticus interceptas PM per Leibnitii Methodum in A^s Pag'\6ji 
Eruditorum explicatam ; & comparetur ejus valor fic repertus cuin ^«- '^84, 
valore ejus dato, fecundum cognitas Comparationum Leges i Car- 
tefio expofitas, unde novae acquationcs refultabunt^ quae coeffideh- 
tes b^ c^ J, e, &c. determinabunt : Et coefficientium valores in 
aequatione fubftituti asquationem quasfiram praecife conftitucnt; re- 
jedis iisterminis^ quoium coefficientes nihilo a:quales inveniuntur, 
velabfurdum involvunt. 

'v 

ScboL Sicubi ordinatim applicata MC9 vel intercepta PM ad 
fimpliciffimtoi fbrmMi redu^ habeac-diverlas poteftates quanti- 
tatis^ extra vinculum univerfale, .tum apponendae erunt potefta- 
tes fub fiagulis contentae: Vcl ti plura habuerit viiteula compoii- 
tij tum quod hic cum uno facienduin pracfcribiourj cum reiiqius 
paiiter fieri debett Sequentia Esocmpla haoc omnia iUuftrabunt. 
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ExmpJum i. Invenienda (ic Quadratura Figar^ AMC cujc! 
Natura exprimitur hac a:quatione z,^=:f^aa yjf va lor ordinatx z 

ad {impliciflimam formam reduda^ erit z:=)^jfj^aa : Ut habea 
cur hujus Figuras Quadratura, invenienda eft aha Curva FGH ir 

qua intercepta PM Gtji/y^-^a^, ucpatet ex CorolarioLemmatis i 
ideo juxta Regulam in Solutione Problematis i. praelcriptam, mul 
tiplicandus eft v alor d atus lineae PM ( (eu MC j per j^, unde pro 

duftum erit y)^y-]ra^ : Jam quia maxima dignitas jjxtra vinculun 
eft^*, ideo apponendi funt omncs termini inferiores (ciK^% y\ y 
f =: 1 3 ipfo femper maximo termino inclufb, qui coefficientibu: 
incognitis affefti aequari debent Quadrato quantitatis :ff/ unde jcqua- 

tioquasfitam eminenter continens erit bf-^-cay-^ea^x^/J^^^xx 
Ex hacaequationeinveftigetur valor Analyticus Linea: PM per Leib- 
nitii Methodu m hoc m odo; compendii gratia ponatur ^j'*+^^"+ 
ea^=p, atque •jf*4-tf'=^, undc pq=xx^ cujus apquatio differentialis 

yjy 
eft pdq-^qdp^xxdx, fed d(]= -— =, & dprziibjJj-^fady , re- 

^ jji ' ^** 

ftituantur itaque valores quantitatum P, ' ^, hec non dp^ dq in ^jba- 
tione dif&rentiali^ eritque tlla hujuhnodi, 

vj -r^ 

Etomnibus terminis fub eodem communi denomlnatore reduftisj 

Vjj-jraa 
ha^c aequatio diflerentialis in Analogiam refoiuta dabie^ 

J, .</.:: 1« . mif&^2±lt£l±f£ :: «. PM. Et proiftde 

•invenietur PM=3f^^ 

Haec «quatio a fraftis & furdis liberata, mulripHcattdo toeam per 
denominatorem prioris partis dabit. 

Comparando 
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Comparando itaque terminoshuiusipquationii^.erit priiiio ?f =;^s, 
unde^=:j; fecundo ic=p, undetf=o; tertio «4:^^=^^. "nde 
€=:f ; quarto denique c=:o, ut prius: Ex quibus nianifeftufh eft 
terminutn a coefficiente c affedum jrquationis quaefito? compofi- 
tionem rion ingredi, fed (blos terminos 4 coefficientibus ^, & e 
afFedos, quarum valores in sequatione aflumpta fiibftituti dabunt 

quaefitam fciL - " x^y'*-{*a*=:xx, qu« definit Curvam FGH ift 

? . . ■ . . 

qua intercepta PML eft asqualis ordinat^ MC in Figura quadran- 

da AMC, ideoque per Lemraa i. erit ejus Area =--^xv'/+^*= 

^^jixx''i quas non competit portionf AMC, fed eandeni excedit 
toto fpatio ia\ quod luo loco fufius explicabitur. 

■■V. ■• ■•• ;--\ ^ ■.--.. ', . 

Exemp.' li Efl:o natui^a Gurv* ACS tsilkz^^^i^^ - &. i^ve* 
nienda lirejus Ares Dimenfio : Ordinataad fimphciffimam fiir- 

mam rediifta eft 2i=;V[y+^^ _Et jiixta prarfcriptum Reguls primi 

Problematis hf^eaj^da^x^^a^ztzix erft aujtiiatia-^mufenter coriti* 
nc ris.ili ami.quag dennit Qrifamx^qaasficam FGH, .(ia qua.CA^ 

^V^+^=MC) etqvA aequatione invaniator valafiJuieflpii^>f;at 
jam explicui; hicval6radasqudtur Taloriejus.dato; liberetur hqsc 
^quatio a fradis & furdis^ & dein termini rite inter fecon^parm- 
tur j ex his comparationibus inveniesfc=:f ^c=:,%ifc=— ,^, hi coefficien- 

tium valores in propriis locis fobftituti dabunt t/+x1f?7'tTrn4'¥V^^H 
=:xx, qux definit Curvam quaefitam FGHi; c^jw* injcercepta- PiVI 
eft )Vjf^a; & proinde per Lenima;!» . 

' r ^fA^iaf^Aaa ' .j^ 
Area qu2lita= ~ x\fyJ^a=.ixx. 

ExtMp. 1... Deterniinanda. fit Quadratura ^iguras AMC.cujus 
proprietas eft hujiSlmodi z;=:\v¥^i Wc valor lines PM in > 



^Wf»^ 
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multiplicatus eft -71/^V:^ . ubi maxima digmtiis extra vinculum 

cft — =jr-2j. appofijtip ^qjic poteftatibus inferioriburcttm coeffi- 

•■'''• ■■ '^ •■■ ■ "'^i- •'■■—■•-';• ...;ji...ci«»tibias 
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h . c . d — — — . ^ 

cientibus incognitis erit — + -'' *v — VtliiJl =^ ^x, ex qua inve- 

jj ^J ^** y 

ftio valorem interceptae PM, quem comparo cum valore ejus dato, 
& fic innotefcunt coefficientes b^ c^ i^ fcil. fc=:^ c=— »1, d=: -« }^^ 

quibus in aequatione fubftitutis erit --.— -3L.— xV^-Vn' ^. 

quas definit Curvam FGH, in qua PM=MC. Ergo per Lemma i. 

Area ouxfita ^=5- ^ — x i/ ^^V— ^ » — Ivy 



£A7tfj»j). 4. Sit x^zrf^ yyj^ k^^ f proprietas Figura^ AMC, cujus 
Area e(t inveniend : ut haec babeatur, invenienda pritrto eft alia 

Curva FGH in qua PM=V>xi/^+i// feu y^x^aJ^^. Jam ve- 

xh hic valdt Hfinaf PM'ia > muWiplicstus dat j^»xi/^+/i, & ma- 
xima digtlk^s 0xtra vinoulum ODmpQikum eft numeru& frai9;us, ap- 
pofitis itaque pqteflatibus inf eriorio us cum coe£icientibus incogni- 

Wf \ i^irf + di/My •+ 1 1/4' CK Vtf + V>' =sai^n hap zqoationc 
invekuatut* vklor Jineat PM^ qui cum valor^e ejus da^o oompardtus 
determHiabiti qaefficiences^ (cil h=^^ c=(>i it=o^ $=:}^ udde 






X 1/4 4" ^f ^ ^j ^^ aequatio definit Cur v^ni FGH 

.9 

Iri qUii intettepta PM ^ualis eft iOk:dina.tiQi:applicai:a: datae Fi* 
^lte' AMC Ergo pdr Lemma i . ; . 



r ■./ 



Area quaefita = — — : x %/^4 + V>' = i xx, 

Exewp. 5. Qjiaeritur quadratura Figurag AMC, quam comprc- 
hlBnSit' burva '!fc cujiis xqtt^^^^^ j:,»^^-^, uride valcyr or- 

dinatae z, = yx . . , 

• • • • ^ . 1 ■. • 
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vel iecunflum aliam notandi formulam 

V ... 

> ' ■ . ■ »■ ■ 

f — J ^jJ^ai vel tertio % =y x ; + ^ * * quoniam hic cafus 

nonnullam hatet^ifficultatem, vifuVn eft liiibhitii Cardilumj iu- 
:xa:ofhnes illas notandi formulas illuftrare. Ek prima itaque- erit 

hy+ 









. .1 
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^^^^^^^^^H T# ■-.. .1., <tt 

=?i Vj'4*4i=:g', uade a?quatioerit — =::v:v, cujus ajqiiatio dif- 
ferentialis ex Autoris r^^ l3^iffonis pro priori , & ppteqtijirum 
fecunda parte dabit =ixJx. Sigoa.tnibiguaquQd 



p--^-- — ^ ,, 



attine^, noundam Qft^ ilU duobu^ modi^ poile expljc^ri^ quamvis 
Curva FGEI fit adhuc 'mQgntl^M &i f^m^ Q^id^m qx d^tf Qm- 
va ACS .inno(;e(c5t gn crejcentibus abfciffis, orefcant pariter ordi- 
nata^; ancontra: Yquoniam Afm Curvae d^ia^ lequalis a(^ dJlsxAf 
dio Quadr^ti prdiMtte in Curva incognita FGH) ideoque fecun- 
dum, 64^ qws;,fi^m habet d« %nls amWguis T?sLg.4^%:JSt. BtW* 
Anx^i J$54' fior^ni ^gtiani valor innotefoet; • Secundo .e«plioari 
poflunt figiia itta ambigu4 pei- comparatfeheiiri MTdam cuim tariYii« 
niij utriu{qiw,vajk?ti5.inter^9^|« FM^ Jam quiacrfifcents abfciffa 
AM, crelcft pariter AreaAMC, fdsdque otiam 4neegnita ordi- 
nata GM, concludendum eft £ra(^ldq|i6qi in pca^edenti asquatio- 
ne differentialem ita explicandam efle, ut ejiis vaior fit affirmati- 
vus, quod fiet fi 9fiu»%ciHa^^<^(uf.i^^^^ poflsorius -fei^ 

affirmativum, hoc eft 1IlEJLnill. — ixJx. Et refl:i|uil%*YaIoribus 

f ? ■ * 

quantitatuoi J», /5c f erit 



tvy*ra . ■ ■ /= ixdx 



Quae in Analogiam refbluta dabit incognitum valorem intercent» 
PM^ nimirum^ . ^» «Hw 



■T> . . I I J 



Atque haec aequatio^ fraais & furdis liberata Cqu« opewtio fem- 
per facubme perfacitur) dabic 

— ^' .. ■ , : { 

Eric 



[8] 

Erit prima comparatio j^ = 4, unde fc=:f ; fecunda c if 4*2=4, 
unde c=:— ,1- tertia a^f=o, unde €=^\. Et proinde «qua- 
tio Curvam FGH definiens eft 

7== — =«*; & Area= ,— — ■ = ixx =: 

=3Vj'^34r^4«- 

Ex fecundo modo defignandi brdinatam ^^ f feu lineae PM va- 
lorem ) cr^it juxta Problematis primi iblurioneth 



•*2 



lyy^cdy^€aay.Vy^0=-xx\ compeqdiigratia^jjy+ff^^r^ieifif^p 

V> + ^ = f > .un^le ff=Acx ; cujus «quatio differentialis ex Auto- 
ris regula multiplicationis pro priori, & potentiarum pro pofteriori 
parte dabit p^f + ?4P ;;= ^xdx. Acqui per Regulani radicum 

. dy ,/ \ J^ ' '■'": "' ■ • 

^f =~=^V^ f &;PQtWiarumJ/>ii=i^/+^^^^^ 
tione differentiaii fubftitutas dabunt 

Ex qua «quatione in Analogiam refoluta invenietur expreflio Ana- 
lytica, lineae PM, quae acquata expreffioni ejufdem datat erit ^ - 

—Xhy^-^cdy -^/^bay + eaa — %caa 



.4V7+* .5^V;+* 



\ 



Ex hac arquationd a fracftis & furdis liberata refultabit demum haec 

arquatio. 

-^^hyy — cay Jf* eaa 



»"i ■ • f ■ • • .1 

1 ■ > . 



— c^y + eaa J 
-^^pay^lcaa i -lyy -tj' 

firit pritna coiniparatio — ;i = — 4, «(idoi^ = t ; fecunda 
— c — ^i^-—^, ^tiiide c'=: ""3 ; ' tertia denique e-^ic=:o, 
unde e =-^ f : Ipfi nimirum valores, qui in priori calculo in- 
vemi funt: Et proinde 

^yy-^ay-^^a^;/^^::,^^. Area=!^T^J^T^^^xrv7T^ = 






Ex 






C ? 3 

Ex tereia itaque notaftdi formula eri t %+ cay •+• iaa ^y-^-a \ = 
b= xi^ ; Cujus asquatio Diflerentialis per Leibenitii regulas ell 

hjy-^-eay^^eaa^-^iy-^-a^ H-j^+iil y^^hy^cai "^ ~ 
= 2 ^. ex qua inrenietur ralor linex PMj qui YAlori ejus dato 

ihf+icay-^ieaAl ^ x 
«quatus, & ablatis (iirdis & fradis, + i ^ -^caa y -^ 

^+r^ay: Unde prima comparatio i*=Xj unde^ = f : fecund^ 
J<r + 2i = i, undetf=:-— f ; tertia — i e^e—o^ unde r=— ^ 
Reftitutis valoribus coefficientium modo inventisj erit 



^xyy-^ajf-^a^y.y -^- a \ =^* j Ar^a =:! y^yy^ay^xaa 



— i 

2 



y^y-jral :=z\V j^^% ay*^^aaz=:iicx. ! - 

Exemfl 6. Sit ** ^^g/H-n iw*-+- 1 6 4^j'+4 tf •/ : SimpliciC 
fima Ordinacje z, expreffio analycica eft » = j j'» + 1 iiy x 

X y^ZJJIl^: Unde juxta folutionem primi Problennatis 



XX. 



hf + cay* + iiiiiy + w' x i/2LlLiL 2 

Et determinatis coefficientibus ut jam oftenfupi eft^ invenietur 
^=f ^ c=^^ d=^o^' e=o ; Ex quibus manifeftutn eft 

%«» ' 

Atque hoc modo habentur casterarum Figurarun> Qiiadratura^ 
(juando per asquationem finitam explicari poffunt; 8c exempla 
jam adduda fatis oftendunt, qualis in fim^ibus: fieri oebeat prbcef- 
fus; nihilque difficultatis l^c.ogcurrere pQtj^^di^mod^. Ledor 
in (aepe memorato Leibniti]*CaIcuIo ve];i|[atus fuefit. Pars vero 
Methodi noftrae longe prasftancior hasc e(F^ qua uno hujufmodi cal- 
culo infinitarum Figurarum Quadraturac decermmantur^ quarum 
x^ una quidemj ante fpecimen noftrum in A<5tis Philofophicis 
' • C editum, 



ditbttti inventri poffit certa Methodo publid juris fsiSti. 

Exmf. 7. Inveniendx fint Quadraturas omniunn FJguramnr 

r 
AMCj quarum natune bac asquatione generali 2S=7t/^ ^ a de- 
finiuntur^ in qua r denotat exponentem vkiculi radicalis Quadratici^ 
Cubici^ &€. £x problemate primo oonftat bfi -f- eay-^taa x 

r 

% ^yj^arir^xx eminenter continere Curvam FGH in qua PM=: 
=:MC ; nt ergo habeatur vaior Analyticus interceptas PM^ pona- 



tur CQOppendii gratia hy*:'^ cmf +eaa = ^, v^^-p ^ = f wide 
f^zzzxx, cu)us aequado diflerentiaUs eft pdf-^ T^P— ^ ^^^'i ^'^ 

per Leibnitii Regulas dq = rf 7^% ^ df^L % hydj + cadj^ 
h* ^ eojf "^* eaa % sfy 

■ > 

Quxin Analogiam refoluta, & rite tradata^ utin praecedentibusj 
dabitj 

%+l riy^J^aj-^t rbaj-^iajJ^aar^^cM y 

r /^ r —i ^ ^ 



z^zyVy-^-azzzz.^VM 



hxc sequatio a fradis 8c furdis liberataj mukiplicando per denomi* 
natorem partisi erit 






. ii 



» •■ 



« . \ 



tfyf^tray. 



. ' . w 



• w 






Eric 



. / 



C«*] 



(> 
"Eiit prima ccmparatio h^trb zni r, unde J= j i 

ir+i ! 

ir 
Secunda comparatio c + irh ^rc y unde cz 






1 r4-l xr-(-l 



Tertia comparatio««^c=(^, unde «=— rc=:— • 



2rr 






ii»4- I x.r + 1 
^uibus in squatione propria fubftitutis, eritj 
a m a ray^x rraa t 

f ' r > ^*^ 

2r+l 2r+ixr+i 

Idcoque per Lemma pra^cedens manifeflum eft fore etiatfi 

ryy ray — rraa 

Aream= ^^' ■ ■ x Vy + ^i^;; 4^ 

^' ar+i ^r+ixr+i 

Quas exprimit Quadraturas omnium Figurarumj quarum Natu* 
rs deifiniuntur prasdida a?quatione generali ; &: Qpadratura cnjuf- 
vis figuras particularis fub hac inciu& habetur fiibftituendo parti- 
cul^i^^m ex.ponemii r VAlorcfn in hac Qixadratura generali : Sic fi. 
rz^% j habecur Qsiadraiiira parcicularis Secondi Exempli ; ve! fi 
rsp^i : habetur Area Figurae mdnto Exemplo propcmtae ; uc de 
ajii$ Innaids mhil dtcamt quas eadem faciUcate indc e^duncur. 

Eyicmf* 8. Inveniendae finc Quadraturae omnium Figurarum, 
AMGj quarum curvas definiuntur hac generali asquatiQne 

r - ■ 

ss=rjyVjJ^ai pcr Problemata nofirum primum cric ^^4- cajy 

r ^ 

4-A?y+ caa % ^Jjfa=xx, ex qua invencus valor Lineas PM 
asquctur d^tQ ciu$ valori ; & asquado 4 fi:a^& f urdis libcrata erit 

hjyj^ H- cajj^ -^faay •)• ^^^^. 
iriyyy + irh-\-zrc^rf ^= » ^/J^ + * ''^;/- 

rir^rc + rf 

C » Fa«aa 



C*»3 

Fa(5i;a comparatione terminorum uldma^ a^quationisj erit h^ % t\ 

=:ar, undefc=«*~— ; 

jr+i 

Secundp, c-|-3r^-|-2rtf=ir5 undec= ■ ■*■ 



Tertioj /+irc+jgfc:(?, unde/=:-^ 



; r+i xir+i 

3 r+i xir+ixr+i 

4rrr 



■taMMM 



Quarta denique gomparatio «4:^!/=^=^ — — 

3 r+ixir+jxr+i 

Subftituantur hi valores coefficientium in propria aequatione^ &c in* 
venietur. 

ry' Tayy l rra^j ^ i rrral 

Area— : * ■ { ~- ' ■ ■ — ■ ■ . . . ■■ ^ . — "^ ■ ji^ 

? r-f-i 3r+ixir+i 3 rH- i xxr-+ l xr-j-^i 



Giim ex ^uobus ultimis Exemplis ot^rvaffemcoefirclentiam va« 
lores regu}ari qtfQdam ordine progredi^^ (ufbicatus lum eundem pro- 

S^fTum, in; innmtuin .jufque condutuiari ; placdt enim Natur^ con« 
:ans Scperpetua yoiSxrmitas. Et fado periculoj remita^ habere- 
compertum habui. Proceflus erat ejufmodi. 



n -r 



SitJt=s=j' xVj+4 aequatioa qua defiiiiuntur omnes curvatACS^ 
qux cqmprehendunt totidem Aj[;eas , AMC » quarum; Q|ia4i:atttr2e:^ 
itmtUn^eniendae. Jfaxta Solutionem primi Problematis, multipli- 

cetur hic valor Ordinata z, (fep interceptae PM^ perj^; eritqufiu 

»-f-i ^" ,^««^ 

produiSbim j^ * x ^j^^ i Ubi indefinitus humerus »+1 eft e5c- 
ponens maximac dignitatis extra vinculum ; . ideoque potef^ates 
mferiores adjiciendas funt infinitas ^ tivnirum juxta Kegulam 
noftram. 



• S - * i 



»+I » »— X » — 2 »— 3 



s: '• Ex 



Ex liac Squatioiie inveftigp. yalorero line^ PM per Leibnhii 
Methbdunj, quiiquatui valori ejus dato erit poft uhtatam redu- 

Aionenij . . ^. : i . 



I • ■ r 




■ f 






i.k ■• ■■>« «.J-a 



" ■ • ;» 



Fada jam comparadone otnnium tertninorutn hujus sequationisj, 
kiVeniennircoefficientium Etetennii^ 

■■;•■* r • ■ 

.. s ■ • ■ I 

11+1 xr -T-i 

■ ■•■'■•«•' 



Secnnda, c = 



iT '••r ■■ '■' ' 



Tertia, ^ =; • 



nr^.i xr *f^i X »xr 4-* i 

» X 2 r »' 



'- »4-ixr+i x»xr+i x»-rixr+l 

--•-*, *■ ■■ f •♦•■■'* * . ! _" ■'^ ■'• 



iixif-^ixir' 



^ * w+^^^+f x^^^"' X «-i^ixr+ix»— xxr+i 

^. :^--" " »xif— IX» — ix^r* 

^ ^' w4-ixr-t*iWXJf3*Tlx»'-^ixr4-ix»— 2xrxj^-^;xr4-i. 



m . * m 



Ex compoiitione quinque harum coefficientium liquet^quomodo 
csterae omnes in infinitum ^bique ulreriori calcul^ fprmari poflunt ^ 
pwBterea cb ^^zSLoioGitiff^^^ &c. in nume-. 

ratore coefficientium^ fi (») fitnumerus integer & pofeiViis^ vel 
nihilo asquaiis^ tum Figuras AMC Q^adratrix FGH erit Curva AL 
gebraica^ in cujus aiquatione tot fecnper erunt coeffidentes h^ c^ d^ 
&c. quot funt XJniutes in »4*^ i ^ eorum figna quod attinet:^ 
poA duo priora^ qua; femper Xupt affirc^tiva ; negatiyum & affir- 

mativuni 









1 

s 



rum Figurarum Qjiadraturas (oo indennitam expohentetnr ut ia 
£jtfe;»^.7,8j Sedetiam aliam Qpadraturaram infinitatem unofim* 
plicimmo Sc faciilimo Calculo abfolvit : Duas enim hio ^xiftunt ex- 
ponentes ind^hm^P^^Sirjm quadib^ iofintties! variayri potoft. 
Sed tamen muko geaeonl^es reddij^fli|tity fiii^^ntum Vinculi 
exponens (r), & qu^ijtttatis 7 extr^;^culum^(|l^; fed etiam 
exponens quantitatis j mb vinculo pcberetur iridefinita ; guo- 
modo [autem hoc prasftari poffit ^ artihdo pofti* tradendo expli- 
cabitur. 

Exemp. 9. Inveniendae (int Quadraturas oj^ium FiguraFMqi 
AMCj quarum naturs exprimuntur hac asquatidne z, r=zj *)- ii x 



FGH ( ubi PM=MC ) eft dyr^€ay^a\^y >Ya=xx, ex; qua 
pervenietur tandem ( per Calcuium fa^ ^^^^ttuin ) 4id hanc 
acquationem. - : •' 

-^^ dyy ^ €ay ^ faa-y 

4^ 2 fi/ «J ^ 



ar-f-i 



Prima comparatio rf+ ird=.%r, unde 4= 



4rrH-4r 
Secunda comparatio ^+r«4-ar^=^r, unde e= * ; 

> ;r 1 ar-f-ixr4-i 

Tertia /*+ r^ =: a r, unde/=: ' ; 

ir-j-iXr+i 

Subftituds lus coefticlemiutii yjIo;ibu3 liabetvu' C^i9jd)i;atura a|^?e(;(a¥ 
l^quasfifaj/«/. " 



ryy %rr^vry^iy^rr^y.aa r 



af5«+ri trr^^ixr + i 



... , . 

£xmp. 10. Inveniendas iiot Quadraturas omnium Figurarum-^ 
AMC quarum proprictates haec «quatio z» —yy^aj x •jf -j- ^ in- 

■ • r 

dudit : Ef it 9^+ i^»-+- taiij ^f^^ % Vf -^ dt=t xx ; t% qua iit- 
ventus valor line^ PM (iea « X^^^ur valori ejus daco» & I^^ 
venietur ( ut fupra ) ad liac asquationctn. 



Erit Prima comparado irc^c =;= i t^ unde tf= » 



2r 



Secunda 



6rr-{"4r 

3 r4r'l^*T+ f 
2rr +ir 



.-. -v r ■ f 



Tertia^+rtf-+-ari/=:ar, unde€=:»*- , 

Quarta denique comparatio/4«re=:^4 qilx poft redu^onem 



1 



dabity==:^ - ■'■ ■ , ■! ■ ■ j ex quibua habttur 

3 r+i X 2 r-+- 1 xr+l 



^ y/J^ ^ }rr-Htr>C4ijA r* 4^ x^/ -•i*»? -». r* x 4' r 

Area =: — — *^ ^ J^ ■ x^^4*^ 

jrH-l jr+xxirifT ^i^iiir-*fcixr+ 1 ^ 

Ex ^bus poftremis Exeiiipli^patet cd^lcidAees/ p^ & asqu^io- 
ncinginbm decerminanmr» Ofdine regalari pfocedeitfj-ctorflmf pKK 
greffiu^ in JnnninHa eodemi rbedbj quo iii fuperfdri C^n invenimn 
Sit ei^ «quatio condwi» mfinitam feriem pgurirum AMCj 



quarum Arcae fiuu deccnniiiandd?, talis«=y.+/ "^^f^^- 



f . • 



Eric per Problema noftrum primum 



— '«■*• 



1,4.1 n n«*f '. m^z n^i 






Vj+ay^hy +7 +^jr H^IT- +)5' &C. t=icir. 




Ex qua inventus valor lineas PlVf per Leibnicii Cllculum ad^^ieihir 
valori ejus dato i&c asquficip a fradis Sj: fur^isliberaca dabic . 



• ' ■ ■ • * 






r 4 



xrj^-3 ^ • / "'''.^..^. 

J ' r * t ' 

»<•'- *-"'-»i,^f_..!» '•• ■''•/#■ -1 V ■ T 

'■■ ^.■- ^; i ^ : , ^ -. * ..^i.,^»,.i'*i-..-«w.>. 

Fadaque debita comparacione cerminorum hujus iEquationis 
eric. , , 



fc=i 



w-f-*xr-f-i 



. •• .'• * ■•- 



f 1 



-^ , rxr+2 • : • .,-i".ii..u. 

, »+ixr4-ix»xr-4-"l .. - *«;:^i. 



;■.-.••..!/:.... 



'fi+i'xH-i>««xr+txjf^I>t^4^^^ ••^, ; ""'•"■ ^'^^'-' 

» — ixr+i 
^ ^ ^ ^ 



jr=4-ir'>cr=E= •= — '- ■ ""i ^ > ■- — ■ ■■ "T^ g — ' V * — 

£x cpmppficionejhoroni quinque tercQUiQrum apparec» ousi^iic 
corumi jVQgreflus jfi , i(i^qiiHrn i i $t OP wntinuaad' progrcffioi|Mi rt 
nrri ^Mi-^i^W^rr^lrO^^? :||ift fltnneratQribus pgKtqupqfaQngUnam.dfe ^^, 
quadrabilem quando {n^ sjirqvimems imegj^. .& P9ficiviui^ ^totque.:^ 
cerminosluis coefiSciencibus afTedos afiumehdQieile^quoc func unica- 
tes itir^ Hh^ & qi^oad figna qpibus comieduntur notandum tria j 
prima ei!t affirmativaj reliqua aeincepsiibi invicem alternacim fuc- 

tiia cedere. 



eedere. Cb^ omtm cs^oBfibleodbtis jam 4eterminatis fimt mani- 
fefta. Idem quoQue in aii!b infiniti» oalilms ficft pocefti fiii^ 
enim eft in omnibus proceuus quem in his duobus explicafle iuf 
ieceric 

Cum plorcB feperfime oomparatiooesi» quam quae determinandis 
coedkkntibtts fufficiunt» condtidbndain eft C^^aturam q^^* 
tam efle impoiSbilem, fi valores ooeSctemiiMii n Imgi^ oompar 
ratiombofi reperti non fine nbique lidem ; (ia ubique ^onveotamt 
fum Quadratura poffibilis exiftit. Ut (i proponatur z^^^j-^ax, 

^^jpr^T^'^ aequatio definiens Curvas ACS; inyomemr coeffi^ 
cntium (qux curvarum FGH xquationem ingrediuntur) valores 
ex diverhscomparationibus c^ 4iV^^ ac* proiride.Q(^dratUGam 
Ares AMC tik impoi&bilem .* (ed & aeiquatio propofica tuerit 

r 

«1=2;-+-^ V jy+fl^+^ ; invenictnr eas tdM^eravenife, ao pro* 
inde Aream efie Quadrabilem. £t qyidcm uoiveriaiiterj ppfico 

y . 

^s^===^y^a^Vn fifberitfciiyt A«t kMC /empj^r qua- 

drari poteftj cujuicunque tandem valoris (upponatur vincult emot- 
nens (r)* Atque hujusjaiadiQi)^^ oonditionesi ex &U 

culo noftras Metfaodi «KaHliioeiKi» ittv^^ ttf^tnq^daibyKn- 
tibus conftabit. 



Exifiif. II. Sit «=5)jf-HfjHV /r+'^4-i P«rP«»Wfima«fiftrirt 

generale erit -57+«H-/»»^^f^^;F**» *« *» iwrjeptus 
valor liaeae PM iabic tandem. 

. ' '■■ ■ ■ •■•■!{.' '■':■■ ■ ' ■ ■!;/■"■!• I . . ■ 

V ■ ■ , •• * 

£x pritqa comparatioae iavenietar <^-±~ 
ExSecandai=^^^^^5 . . 



r-t-ixr-f-i 



i -^ . c 



D Ex 



C^«3 










lyjanifeftutn itaque eft, Figuram pofle Qua^rari, fi valor quantita- 
f}$ !if Rieric iciefn ex tertia &qiiam«comparatione) ^atergos^a- 
tk*^*^iittef utrurtK}ae^ -(omiil&f^Dwrtominatore utrihc ^ '^ 

Mr^H^I^H^^^*^^^^^ Qdif 

coikUtioheA '^Mfabilit^tis:^ JliL pzb x^l^ <|uar inTqnieiiifit: 

Adeo ut n z^^i^yr^aW yy-jr^y^a \ hierit sequatio diShniens 



r^mimmffm ««; WM'*^.-'- . -' t: ^ 



\^"'''tLV'-''" 



r4-axiA|-j^r f*^ 



Exeiw/»: II. Sit 2i=^::t"JfJ!?<yV;+^^+^* Erit rurfus per Pro- 






^ _ \ 

Ex qua mventus valor Lmeae PM dato ejus valon adisquatus dabit 



Ex Prima comparatione cr=:- ^5^4 



^ » ■ . . • 



* » .• 



knf-J 






ftptj 






>.. I 



* • *^ jr+ixr+ixr+i * 

Ex Quinta denique inyenictur a/==s — ^f^^oy^^yyew 

;r+ixr+ixr4.i 

tJnde patet Pigurafiiin AM^ 

tionedefinitur) npf^ppfle^Qyftdr^^^^ 

Qiiarta, fit «quahs nuni^ratstfi ft^ QoiiVSfiWfl^ 

oriunda?. Fada itaque intor iplos cpmparadone §nc ^ r^f^t- ^ i r^fi^i 

4'5rgf— 4r3; — 9^*P~?''/^— 4^'/^~6r*/H--6r»f--r4rrf j qu« rckju^:. 

dabit ?rr^5r54-if=rf4-^. Necunquam Quadrabitur Figura fi 

capiatur /> ad tjf in. qugitii^j^LU-aftfWie,^ 4^^ 

r-pi. Acque nc inventa eft Qpadfabilitaus conditio, nec non ip(a 

Qiiadranira quxBicsL^./lsiL^^ 



*#««•■■><*« «»*• 



Exemp. I ;. Sit *=/y'+f««< Vj'^*?^^' aequatio definlens Gur« 
yasAC^ ergo.per.Pxob;jv;r.::.: r.v::l'. --^0; r-- i;; ^ ■ r.vrn 

iam.expUcatum pprYenieturad hanc. -.^ : , .^; • ;- •.,);;, 



/ j . ; j •• » 



r, > 'r' ■ f -7 ■■' ■ . '- ■■.i\ ' , •'■ . ^ - • 'r-' 

*. r • ,-*,!■#■ ■/*-•••■;••■■ * ■ V 1 ..- ,-r» ^0.> •■.'"> «•'■•?»• ■» 

-i .. V.l. t- . . ■■ *l «.->.■ ^■A. . -■ . •.* J-V. ^/ f 



I I '■ 4 « L- - 



■ •*{•*■■•»•"• I r r ■"■•■', f' .•• r, ••» » . ■ ' ' . • 1 



1 . ••■, r I - • • * , 

'-••t ff^.r' ■'■•■:";.i»-i«':-»'i»"ij' *•'■.■- ':*^r. '-'••■■• ,r:'it'' ■/ 

(I . . . iTrf •••; 1. •., .'••'. i;^! j «».«' i«-i > .- ,•';..,...•..•..• . • . . ' i. • ^.ii • - . . .i t 

#■• 'M« :'.■*.')•■: ■'• ' : i ' i' - ":'4 ■ . ■* '' T^O ^^TP " ' fi i ■ 'T *> T* "" *■ • ■ 



rrt-* 






&tSefattdacrit fe /^ :^ ^ - 

.* . : r .:.;;.<•:.■■... y\i|»ixr4** ■ • '■ ■• • '■■•'n "i- -■■-/: ^■.■/. % . •* 

'• r '■ I*' rii *■••»-*■■ i- '. 

.1 D » Ex 






I 



EjtQijaret 




',-' i * • '•• 



*^|*T 



Qnintt d w liqu e « /""ii^ ' Z^ Cl ' 



1 -»*-^ 



Fa&a icaque aiqualione inter numeratores utriulque valoris 
MlqM «fitf ^aOitlM^biii» 0ft fMitf > «I ^, iH qua ^bpMitt «qaaclo 
btointti»fl(yaAiaiia»t K qait iirremie faat eoeffidenttt e,7t4ffi 



,.-» 



j'.\n>:;i . • . •• ! aov- '. . .•!- •.■--.■ ■;..-• . . - 

. ■ ■w • '. ■ . " ■ » 

Figuras cm Sktql^d^ Gtnm» 

QmiPayare. 

ryjando in «quacione aliqua Curvam tlfti(ttieM9j %t^i«Beds ^*^ 

^^ icifTam denocans ad mulcas d kn y nfipn ts af^irgic ;, cupi Calcu- 

\miik Mt^& ^ofttt fii^ioH afl fl fe lMc n ti6n fitii «Hqiia la%bm 

difficulcace peragi [^oceft : & quk tMti^^^ciiMAs moldliaj qcuMcom^ 

Nacura problemacis pacicur» fumosipMi^ fic eyitaindai Jddo f^bft^ 

dium hic adducam, quod hbff£ IjAblreVti vel {>iA>i^s fiuetreb^ V^' 

ialcem [durimum imminuec. JN«imeft<ieomecrii; qd6M6do'«Di-' 

li^fi^i^ {£vit<ttl^iir^braica, fiie eranfcmMenii i)fe defi. 

nic^j jwp mdbfinice quadrab^ J alias inBptx xqjuies invetiri po{- 

fint. ^^ pSiicer conftarec^ opa^nam efleni asquacipnes, quae omnes 

Curvas definirenCj quas e)ulaem eflenc generiscunlCurvaFiguran^ 

Guamlibec dacam cerminance ; necnon qua^nam effeelArt niTJ i Mtlito i^ 

umpliciifima j cum ex hujus iimpliciffimx Figuras Quadracuraj non 

modo dacas cujufiitts^^^oau^i^m (in]iUiip.%UJ:4rim Q|^i;a^x 

innocefcerenc. Mtqhfdvpij quA n&C^^isftard loleo, oie^^ €it- 

ponam, prasmiffi> prius eleganci Theoremace ex Leftionibus Geo^ 

mecrids D. D. Bamw defumpto^ cqjus daffonftradQnenjr adjMitRij 

quam ipfe Auchor non addidi^ eo cpittfwlJMi. den^uitEranm Mo- 

do facile dedudtur. 



Ci»l 



Li 



M M A 1. 



Sint tres qiutlibtt Cmv4t BGL, OFN (^imum «««rBD) DKM 
(cujm axtt DL) ita iitttr ft relat^e, ut ajfumfto fuovu funSo G m 
Curva BG) i ^u» dmmtur^ tauitnsGPi, (cum axe conemrens in A^ 
Ordinat^e GC> CF «/ LN ; item GK a/ BD psraBeB^e, Jk lemnt 
AC CG : : MK. CF. Eritffotinm DHK it^MaUffatio BCFO« 
meimJXLM==BDW>t&Jlu;inJefaite. 

Sft Giff pAiticdajndefinite panra Corvas BGL9 ^ucantur mr ad 
GK^ 6t tma) ad tSF paraUelk^ (ecantesBDi GQ DL inpun- 
^ e, »3 r« Jam quiV Triangula Gnm^ GCA (unc (imilia^ ideo 
AC. CG : : im. Gif^ id eft, AC CG :: Ce. Uc. Sed ex hy- 
podrfi AO CG :: HK. GF. a«o HIL CF :; O. H^imde 
HKkH/=CF)^C# ; cum vero idera de omnibus (imiitbus reftan* 
gulis demonftrari poffit^ cumque fpatium Curvilineum DHK^ 4 
lumma oiifimumireftanguiorum HKxHc ; tc fpatium QirvilineuM 
BCFOj 4 (utnmaommumTeAansulorum CF*hO Mn^ifferant; 
«fSO DHK::::BCFO. Q, D. B. 

SiM. Si Linea DKM & refta ttigcdum (aciens femiioftum cam 
VL^ tum ooinddet hoc Thoorema cum Lemmate piimoj Zc pro- 
vMO eft hQfjus caios ttntnm paitictilans. 

MMMbM^r/^ Opod<lMsCarvift BOL, DKM facib inveniatur 
reiiqua OFN; ycl datis BGL^ OFN altera DKM (imiliter inre* 
niri poffit : tot itaque invenire pdlumus Figuras DHK aequdes 
datse cuilibet ^Bpsx BCFO» qupt imaginari poflumus Curvas 
BGLj id efft^ fnnnitas. Sed propoiicum noftrum eft, (ohHnmodo 
Cunras DHK determinarOj quas (int (imilesj vel ejufdem generis 
cum dau Curva OFN 9 ubi per Curvas (imilesj vei ejufdem gqieris 
intelligoeasj in quibus (ordimuilm appiicatis ad formam in proble- 
n^ate primoprae(cripQm redudis) Exponentes-quantitatis ablciflam 
fte&otmtisiiabem eafdem id»qi» rdationes. Hfo praratiiffisj & 






Pil^O< 



C w 1 

•P R O B. II. 

Fig« 2. Pi«(4 quacunqtie Curvd Algehraici DKM j omnes Curvds OFN: 

fc«/tf ySiwi/w invenire ? 

IN fiipcriori Figura fic communis abfcifTa BC=x. Ordinata 
CF— Y. EtCurvaeBGL ordinatae GC=:a, &quiapC=:DH, 
crit etiam Curvac alterius DKM ; abfcilsa DHfe2i,,aijus^ordinatini 
applicata HK.=ftf. In «quatione Curvam datatn DKM tlefihlente, 
pro exponente yincuii particulari ponatur exponens indefinita (r)\ 
& afficiantur ejus termini toeffiaentibus /, p, ^, /, &c. Erit per- 
petuo 20=^'? squatio definieqs Curvasignotas BGLj cujus ope, & 
arquationis datx invenietur (per Lem. t.) asquatio dcfiniensothia^ 
Curvas OFN fimiles dat« Cufva: DKM. " 7 

' . ■;■'.> 

.<' ' • ■ ... •' 

Exenff. I. Sitaequatioii=ai*+^«.>cV';5i*4'/»DatamcurvamDKM 
dcterminansj 8c invenienda fitaiia^ quae omnes huic fimiles dceer- 



i»inet; Erit juxta prarfcriptum Kogulx u:=:k,[^^zW ^t^^ J^^ a, 
cumlil,c& aflumpta z,-=x''^ quasfitam fic inVjenies.r ^ Ex Analytic^ 
valoribus linearum AC^ CG^ HK . cxtermmentiu; indctf raiiQatil^ 
quantitates »j z, per communes AIgebr« regulas; tiim cum liis 
itribus & quarta CF:=jf inftituatur Analogia Lemmatis pra^cedentisj 
JSc hacc in asquationem mutata eft qua^fita. Sic per Tangentium 
Methodos invenietur AC=^, atqui . patet GCf^aj*^^ 

TOdoA?" pro t^ in a^aatiQnHdata (Sccocfficicntib^acviiiculietpo- 
■nwite indefinita, affefta);erit HK=:/*^+/ifti>i^xy^f *^4^ ;. ''V^^ 

Sed per Lem. a. AC. CG : : HK. CF. hoc fcfl W!tertpiius 

Analyticis. 



■ r. : 



• • I 



Quas ; Analogia^ miiltiplicando termihos medio^ & cxtrpmioi^; . iSabi^ 
aequationem quaeiitam, fcil. 

y = mlx 4- mfax ^V ^x'^+ a : 

^<^« definit omnes Curvas OFN fimiles curv« DKM dabe. 

Simplicior 



/ 



C n 1 

Siinpltcior Umdti teddi poteft^ fi pro ejcpoMnte 1» (ubftituatur alia 
exponens n divif^ per maximum divifbrem omnium niimerorum^ 
quipr«fixi fuht exponenti (iw) in «quatione niiper inventa. Sic 
quiaieft maximus divifbr riumerorum 6,% 4, ideo pono ;?^ = i », 
unde 6«=:3», xw=»^ 4>«=:i», Scproinde. 



3» — I « — I 



y:=:mlx \f\^^*^^' %V fix"" -^a i . . 

• ^ • • . ■ .•,^ . 

Exemf. 1 . Sit apquatjodatam Curyam DKM definiens hujuC 
mo4i z,^^Wx,'^'*j^a^ u. Cum hac & aflumpta 36 = x* invenietur 

r . 

per proceffum praecedentis exempli^ ^:;?^^^^'^' yi/j^ + ^ • Et 



fa<9:a«i=4», eritj'^»!;^" xi/jx^-j.^: Quae definit omnes 
Curyas QFN fiiw![e$ ,Curv«;dat« DK^tyl^ napi ;»— i =^.3^?,, & 

• ' ... 

-:''"' .?/ Pr6b. lil. 



>r .. 



tyi^ quacuniuiCuTva ^DKMi ^,^ ^^^^ fimiUm fimfliciffimaffi 

determtnare. 

m- — — . . * .. -• *• 

1 r - ■ • \. ■ 

^. ::..»<•.*. ^. :-''■'■:■-." ; ^.-^-.--r^.V ..-.->■ -■ 

TN aequatione j)er Pr^^/fwl^ 2, inventaponatur»=iy& aequatio 
J^Q^generalk m fimplic^Simatn^refblvetun Sic fi in primo exr 



emplo ponatuir »=i, erit j=w/x*+p^xi/ ^ x* -J- ^. Quae eft fim- 
p^ii^av^;CMrva/.Qj^N .fimi|i$:,da^^ Pariter in fecundo 

ek^raipld;^ definiens fimpliciffiman» 

GtuHf^am OVN fimileiria Cucvas PKM per aequationem datam de- 

• . . ■■:•-■ ',■ ■.■•'■ . » ■ 

•.■ . r . . . f ■■ 

E^^d»Ji'4laaJfdiuT4 Ftgura eujupvis fimfticifiima BCFQ; alUtius 
qualiscunquc fimilis DYLH ^adraturam dctermmare. 

IN QMdratura Analytica Figuras BCFO pro x fubftituatur z, 
.potdKsatcs babensex Problcmate zSc j, cognitas^ eritque hxff 
Quadratura Figura^ DHK. 



. . ■ ■■ t ■ --.... 

- ..!■■•... r" .: • .,• , • .; :'.:•.■■. ■ : •.•■.". 



j . f / . « ' j . • » ■ - ■ ■ . . "/i . . ' i . . . • ' •»■■'< I «■ * ■ 

Xxi^. i; -InVenien^tt fifrX^ ctij(is^ 

^ '.■'-*- curvae: 



i 



1*4 3 

cttnr« pfoprietai fit tcsiif?Wx?-k-a : Eit hac & Aflam pta tisaib^ ifi: 

vcnretur per Problema % , yrrzm ^^^^Ws^ '"•^^i: &: poncndb 

&*=», Erit /=awx "^'xi/j<"-^^ : Tum per Ppoblema ;, fiatiissi, 

& fic^ = m Vx^a, cft aeqoado defimcns fimplidflimam Cun^am 
OFN, cu jus Area cft aqualis Arcae Figurae propofitae DHK. Sed 



per Methodum noftram gcneralem BGFO==--*^'^ i/ x+^- Jam 

^uia «;=<, & 8;Kf=::ii=i , idco c=x«, fcu8i*==:x. Subftituta 
ita ft* pro :« in Quadratura Kguras fimpliciffim« jam tnvcnta hoL* 



Wur DHK =5!±?x t/ «^+^ 



EKimp. 1. Sit i^j&Ws>*-f-tf : proprietas 0»vg D KM, cujos 

Area invenienda fit. Inveni cmr f= m9^' ' xi/x^*'-^^^, & poncn« 

do %fn=n^ crit^=«w»»-»xvV4"^j &perProb]cma j, fiatflsr^ 

unde jr =mx^ Vx^a ; quas dcfinit fimpliciffimam Oinram OFN 
cujus Arca ("per Lem. %.} cft ^ualis Aisas quasfitas DIOL Jaoi 
ver& per Methodum genea^alem mvenb 

BCFO=2:22Sf+ii2r:^ Q^ia;iw=«=i, idco m==:\ 

undc »=*t, icu «•*=!?; ideeqiic DttK:^ \ ^ ^i M/jc»f< 

Noeandiim eft liujufmodi AfeairiiRi Q(iadratiiras analy^ ex- 

?reflasnon lemper portioni ab(cifias AM (^i^.ii*. .vd BG aotrpSI 
in hac i%. a J competer^ fe^ eandem^dii^iahdo^ cxoedcrc» ot ia 
penukimo ; vel ab cadem deficere, uc in uldmo cxemplo, quandcap 
te quadam determinata^ quar Methodo inferius tradenda invcnie- 
^r. Ob hanc rationem, in fuperioribus cxemplis poliii Aremm^ 
non vcro AMC ae^uaietn QuadMuis Analytids ibi invcntis : 
-Quodque hic pofucrim BCFO^ & DHK ufdem asquales^ diftio- 
aionts tancu» ^aciafocSkuai^imcHigfi» &iaiB(SicttttbusetiaiiiJioe 
obiervandum cnt% 

Scomdo notandun cft» Qtiod ia exemfdis quam PioUcmatis^ 
H3oe£cieatss hf^f^s^ 8c& ut &. csqfonsntem iadcfinitaiii (r)^ 
-ju^^ta pra^criptum lecunffi Problematis adliibenda«^om£^iai» pmvfh 
terea quodin inveftigationc aiicujus particularis Figurae DKH^ ex 

•DKM 



|))KI^4<^«3«tfm ftrvffl-c. :Exbis conftare arbitror, 

quam egregii ut ususj haecFigurarum cum fimplicioribus compara^ 
tiOj cum exinde ope uniiis Figurx Quadratura ex Mechodo noftra 
generali inveniendaj habeatur alterius QujufviSj ejufdem generis & 
Tinculij Figurae Quadratura. ^ Longe tamen generalior iutura efl 
ha?c Methodus, (ij pofita vinculi exponente {r) &c adhibitis co- 
efficientibus generalibus, /, p;?, h &(:."■ Cut jn Prob. 2-& ;.) Ex 
una (implictmma Quadratura generalij omnium {imilium Figura- 
rum Qiadramras (ub una generali £xpreffione determinentur. 

Sic et^ in (equentibus DKH Figura (impliciffima > cujus Ctirvx 
DKM asquatio nabeat Vinculi exponentem indefinitam r, infini- 
tas proinde Curvas definiens « omnes tamen ejufdem (implicitatisj 
quoniiim in fioftrh methodo, C^lculua ea<iem feicilitate pr6cedit, (i- 
vi^ magnus, ^e parvus (it numerus r> (iye eciam indefinitus (iatua* 
cun Li Problematis enim GeometriciSj quod faftu (acillimum efl^j 
illud (implici(fimum haberi debet: in C^adraturis proindb, ilbe 
Curvas erunt (implici(Iima?j qoarum Areas funt Quadratu facSh- 
m«;'8ceju(clem timpliGitatis j quae xqw faciie , Qp^ldrari j^yS^t. 
Sictatincofifimdiovea^^ Curva^j ^tiar iddcri|itrmnt 

facillimas, etiam (impliciflihix habehdas funt. Mifor itaque Carte? 
fium 8c aliosj in eligendo Curvas £quationum conftrudioni in^ 
fervientes^ non Delcriptionis fa^ilitatem, (ed souationum earum 
Naturas exprimendum dompomidnem' refpexifle. Sed hocoti- 
ten....Sintetiam BCFO ^omnes Figuraz (unilesj D^ Figuras 

» ■ " " ■ 

£x Methodi noftras Exemplo 8, manifeftum eftj quod Axci 

DK,ii(it 

sHeJoitet^i 

iufeilihilbafl^Hsl ^Sitergo . . 

$. 1. €=a, unde»=:i/fft-l-^, ex hac & a(&mpta ajqaatione 

«=;x^invemetur per Prob. a j f=msk^-'%i^ pxT-ta ; quae definit 
omnes Curvas OFN, (imiles CUrvas^DlkMt &^ l >KH=;BGFO 
por Lwif . 2. atqui ' ^■^■•■- ' • ^ .-^f^ : r '.^ • 



ri2i -. riiJ 



--. V . ' - r-t-i • r-f-ixp - '^ ' 



Subftittt- 



Sabffitoendo ieaqoe n" pr6 « in hae^data yet' imtitKk QcuuIhMi^ 

Crir.. - • . :i . ■■ • ; i !/.. •• ' r .:;■ 

Theor. I; 



BCFO= J^-t -V^^^V /«•+* 



;:■■ -^. n 

Quod contfnec (^adracuras omnium Figuranim BCFO^ qui** 
rum Curvas OFN. denniuntur a^uacione generali per Prob. i^ jn. 
rentL 



§ %. Sit €c=f I unde iiP=wM<>«f + a^ : ex qua:/ cun» alSimpt^ 

«==:*" per Prbb. x invehietur^ jr^smsx^^-w^^fs/^-^-ai C^^defii' 
nic omnes Curvas OFK (imiles OKM^ & in quibus PKEi=fiCFOL 
Sed ' . 







Unde^ ■ 




»■:;■•' ■ ' ' .• : 



. I . 



t *i 



Tr^EOR; ir. 



' • ■ - #• •'.■.• » 



*"-' 



"j*/}* * ' ^ * ' iJl^ J JC * ''TTsi^ * t '••■■'- ■ij' *■■*»•■ 



'. • 



j ;. SIte==i, undei«j^y/«i+4: ex qua, cum aequacipae 






DKH=BCFO, fcd 



'■■"•' f |. ■ » *. .^ . • .fi^ -^» ". .~-' • ■ ii */.►— ■ 

^ir-fixir-f-ixHt-i xp;»p '^^^ 



• ■ J » 1 p 



I . - •■ \'\' "^ '■• -t 



t ' 



4 ' \ 



Tkbok 






V: 



E »;r3 



Thsor^ IIL 

I . ■ ■ 




;r4-i IR-ixar+^^f^^iF^"* *H"* *H~^*^ 



irrrf^ »— 






.1. ! f^ 



, ^ .,, niuk tcstti^HVfSri^ , quae «efinit Guryas 

DK.M, exqoa & «quadone a ffnmpta « =*% per ProUema feGun- 

dam irivenie6jrjc=»»ix^-»xV'^*" -|-*, qox definit Naturasom- 
aiwikiC^aitim OFN, in qaibos &KlI=E=BCfiP. per-Lem.». 

S^ - 

• ■ ■ • a 

. .1 ■■'■*»>■' ' l-' 



V 






Qpod condnec Qfiadracuras omnium Figuraram BCFOj oua- 
tumOirrxOfNptwcc^A asquatione denniunmr. *Atque noc 
jhdab iiultt p uti ri pMunc TtiecMrepiaca-pro ^uibufvis aliis exponencis 

CbemQences ^. c^ Tl ^ /> ^ uliimo Theoremace per Mdihodum 
aofltam geml^ oeceriri 



6rrri .^^ ' ' irti^rt 



>^ 



4^4^ir+nw+lxr*fl>^p ■' 4r+ixjr4H^>eij^*ixr+l>^f!fp 

• »,' >. • ," -.■.-• . •<•. 

£x lus Theoremacis habecur Quadratura omnium Figurarum, 
quafum Curvx definiuncur per asquaci^Onqs ad aliq^i^am «fub I4c in- 
vencis GO;^teiium ; . qiiodoam vero fic Theorema^ cuf particularis 
diqnk Bi^ura fdetrr defiear,'^e5c 'rdacioQc nponentillrn qo^ 
X ab(ciflam.denocanci$ co^noicesj poft r^j^JuAiGnfmordinac^efdde- 
bitam^fermam ; nam quia >^-«- 1 in' pll^fi^ im^tin feqtfidd^ 
) m -^ { in rdrtio^ 4 1» -^ i in qoarco, c^^, funcexippnentesquan- 

£ 1 nrans 



r ' \ ■ . 



cicatis jtf extra vinculum ; 8c fola Ym), iai>mmbusj exponens ejufl 
dem fub vinculo : Exinde pater/qtiod fi exponenci extra vinculam 
addacur unicas^ & i(umjtpa per exponenteai (c[uancji^cis x) fub vin^ 
culi) dividatur ; quando Quociens eft i^ afliim^duin eiit ^raitQin ; 
quando Qiiotiens efl: 2^ aflumendum eric fecundum; quando g^ 
tercium; & fic porro in infinicum« -Gognito (liQC mqdo^ Theo- 
remate^ Fi^urae alicujus Quadracuram jf^ludence ; fiat dd>tta oonfi^ 
paracio ordmacas parciculans^ cum ordinaca? genet^alis^^aioif^e^' Si^fic 
mnocefcent m, r, s, v, f .. . Quorum valores particulares fic in- 
venti Hi Thebfcmate uibftitufi^dabiint Qaadrimram qtuefitam^ 



■' #.i»ii « 



Exemf. I. Invenienda fit Quadr^tuta parabolse cums notiflima 

squdtioieft /=±34^^/' QiiiicIIi-rr i jiideo:(l^dnMrrParabola& 

I ^ . .. .> 

in Theoremate primo continetur. Fiat ergo comparatio inter or- 

dinata; generaiisj (ad primum Theorettia ipeftancis) Sc^aitlcttlaris 

in Parabola Ordinacas valores ; ex qua comparacione invenietur 

rzzt, «1=11, x=i, fc=c, 4C7=tf hi v^OTeiquanti r, m, s,p, a^ 

in Theoremate pnmo fublHtuti daDunc Parabolac Aream =: 

3 ... .. - . 





Figuras in Theoremate lecuddpiQclodttttrt . FiaAaikiiqiie comfMr 
racione incer hujus Figurx dacsj & generalis (ad Theor; !• fpe* 
danciU-OrdinaibB.^vakii£m^ invenieturjr=-ri ; «ff^Ol^ 
reuit:»;i^-^;J«=;w Quibui in-Theorcmace niiibftici 
erit Area.Figyraq propofit« » - 1 1 d 

# • 
. • • . f ■ I •■'.■••■.■• 

;•■.. . ..■•. . i 

Esoemf.^%. ^lnvenienda fit Qjiadratura Figursej cujus- proprierar 
^P^r^^^^^r^} Ql^~^=J» i4eo toc T^gura a4,T?ficf^ 

eft r6fer0da'; fa^ itac[uetoniparatione Ordmatas. particularis, ;da«- 
tx, 8C ^eijieralis* eam ihdudehtis^ Invenietur r=it ^"=^9 Jr^h 
f=ij 'r:^'==^; quibusinTheoft} fubftitutisj ericquaoifita' 

Atea 



c«n 



fit /c* — »>«• «••+7*^4*. prdina^a jkI pwjfcriptain /^;mai9 f»j 

duda, Eritjr=4« ♦^— «•+«« ;-Qair :^=^i, . J<Jep ,haec ^jgura 

adTh^r. I4 refensnda eft^ 6c. fada debita coioparatione uAin 
pncoedtemiSHS ii{venfcto'l^ »t=3^; i==i '>*=*i:i^*v j^ 
QuibOtfkTh^rVi- fobmtetfe;'eritqifjdfta-' '• -' ' ^ 

»^•4 ■♦ ft I ^ • •• > k 

, » —-— — ^**+2CC 2 

In Exemplo decimo pftenfum eft^ Aream femper pofle Quadra^ 

ri, quando in a^quatione t^zJ^^^psz^^^^x^qz^az exponens n eft 
Numenis^ifitag4ir^ aflSrniativus i undaalu prddibi(: (erie^. Theor 
rematum^ «' TSfio quaiititatis n talttte^ dfc^dentium. ; Siri- 






§ j. »=:i , unde u^uzA-paxV^z^-f-a eft «quatio definiens 
C^rviis DKM, cx gna j&.^^umpta 5=;??*.^v(?niptur per Prpble« 

liia fetiindiim yii^i^mste^^^^^fkof*^^'^^ t^mt 

^at(w^jt;mm^m.Curvaiiii)(KPFNj.£inil^^ I^KM; & in^ 

xi/«+i«. Subftituendo «" pro»:;. erit 

» k ■ • . ■ ■ 

Theor. V. 



BCFO=^*'" +c«*" -{-'^ •?«■+« : 

Q^od continet .Qpadraturas omnium^Figlirarum BdFt> (imili- 
um fi£um TDSiK : Quantk^ter f^i f^ 
g6iliii#»SMtfi(^d«»rf|iimtasl^ ',./^ " * 

*=^^j ,=!!!a±!^^ 



ir-l-i' ar-t-ixr+ixf ' irT-ixr+l^? 

•-..:.L./. :-■,;, ^0.^6. :Sit. 



Ci«] 



t 



$ 6. Sitn=%. uttdc ttrzszz^-jrfoziW^^s eftasquatio dcfifii- 
cns Curvas DKM^ ex qoa & a(tanipcax=»^ (dcfinkatc icniper 
Curvas BGL) infcniccur per Prob. t. 



^ . . . V .. 



<^ defifiit Katiiras oniniuni CkuVafum OFNj. cjuCdcm i;ener 
fis Qim Curvis D&Mj m quibus DKHszBGFO pcr LcnLi. icd 



OHK=fc'+^<i«i*"i^^*^4"^^'xi^?^ "h ^ J •pofito «• pro x,^ crit 



l ■ • ■ ■ • ^M ■ 



Jf^W^W—*" 






^f 



^rv^iXir+ixrn^iKjf? ^ 

- 5 . . - . . , .. . 

$ 7.' Sitiiisj, unde «i:=i«''+^«6*xv'f6^^ eft aequatio d^ftK 
niMis jMSLMtiO^qu^ 8&;i$unpu 9i=;:;x". invenjecur pac.^ro^teipa 



fiwn^ain.fewi***?^!'*-!!»»^^^^^ ! dflfimciii 

«mn^fitnileirCurvasOFN; in qaibas DH]&=:BCFO per Leiii. ti' 



«*~^' .V .io-.;r:.^ 



•■ ■» 



:T H« O^- VII, 



■AkM^ 



,. BC^Osf**'"'**ii^;"-+:<(«.ve*"-+t«'**-+-f**5t^?*"+*< 
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[ ^ J 



r-WSj»'' 



• ■."•* l ,■ '^'«^WM^M* "' '"^ i ' ■ -f . 

9 9i Sit Ji=54> unde urizit^-^-paz^^x^ifz+a eft «quatb defiiiiens 
CurvasDKM; exqua cum affumpca zp^^ invenietur per Prqbs a. 

^P— ,,i,jgfj»*i^-,gii^4^4»-^ixV'^^?^^ sequatio definiens omnes fimi- 
fcsCurvas OFN, in quibus I)HIC=BCFO per Lem i. Sed . 

mK-hz:'\'cs%'^a'z9:\^ea'z*'^^ : Ergo j 

Throh. Vflt 



■ — . » 



.i'-' 



5r+lx4r4-Jx?r4-ixir4-ix^» * 



tr-f I x4r-f'l xjr^r I xar-t-i^w-j-i x f * 



/■ . . 




1 hedrentatuni^ earum Areasisijrcr<iecermina)itmmprogii&m» m 
iafitiiowtf Qc facilaeft innameras 6lias.Theor$sma]Qu4^ ien(S$ 4^ 
mar& Pro hujufjnodi Figuris, quarum Valor Ahalyticus ' ^rdin^ 
tim applicatarum ita reduci p^ofliint^ ut duobus tantum exiftentibus 

lumexiftant Ex Methodo fliw.ge^eraji j^Kemj^^ 

ftrata^ inveni Aream DHl^ pofle Quadrari quando in isequatibne 



•+^»)«^'T^x«<fJ^-# Nafurafoi GMryae D¥^M definieijte, ex- 
ponentes »i c fiin(.ntuneri}nfiegri & go$tivi,^ ppfito n tj— c. Pr«- 
cedens Theorematum f^ries^ quatuor ultimis S^Aionibuiia^Knta^ 
^ O^s 6ffiht6m j>rimd5j iii^ qQO ^ttA^r=it | Caiani^iiQdtiiii 
^iie^csai^' a&jkiaml cuM|ile* viltfmiiierit 're^ub6'e€Kteni.raQiii 
proiequatur 



• •• 



E}d(lente itaque £=x j cntu^sTj^^pdaz^^^^^y^Vq^^a^ undeper 
Mettiodumnoftramgeneratem invenietur 

Area 



1 

J 



xii/f8i+j; 



In qna *===— ^ • e " ' 



»+ixr-+-j[ i94«ixr-|-i>0|ixr^LXf 



j n+i^^r+iy^nxr+ixirp^^^tnns , _ arp — n^fxrd _ 

ft=i^z==sr — ; & — ~, — rt-J :. ..' 

#— ^xfhj-ix} : »— 4xr+ixj / * * 

'Eodem raodo fequens terminus erit baf si»^% |n quo 



•5xrHhIxj* 



y 



Ex his patet,horum progreffus in infinitum: &ob contihuam mul* 
tiplicationem ex fi— IX»— jx»— 4, &c. in numeratoribus coeffici- 
entium; i<^o.(i fit.ip:^^ tum e erit ultinius.; fi ii=)^ /erit ul- 
limiis; fi »:=:4 * Crgo £ crit ultimu§ Tejm^ 'jaui in 

{V«&-p« tnuki^iArtas oonftitade 'Qsijldrabrani qiuefitaitf Arec 



« IJMl» I 



'Determinatis geiierftfiterooeffid«itit»is;'ThJ9<M«fi^atan ,.<• 

tatioihiaioferenegotiocdmpmjrtan. ;-£*. ^? /; ' ^ 

,, . >. ij|> : ■ . .. ". ■■ ^'^\ ^, ; • V j, ' .«'.. • »!».'«. ,1, i. ; » 

§ 9; Sit »=ij tmde i^x^+f^i/j^^+^i : ex qua cum ai- 

•quaiione affumpta S6=«(" , inrenietur y=:mspc ^*"-» + m^m x 
•^'»"-- -'• ' .- .-_.■.■...■ ^ • ' ^ .. 



% Vv^^Ti : qtus expriimt nutur^s^mnium CuryarumOFN ^mi- 
iiam Curvis DK^d^ & io quibtis (^per ll^m. 2,; pl^^HOeQ. 






,2. «^fO 



tM3 



^S" 



/ TiHEo^.. IX. r 



■1.1. 1 ■ iU^i- ! .- .. ■■ :in:<'- -..^ ■ -.. ■> ■,■.■ 



i« t 



lt^q}jn (pxu pasoBia^ determmatioiieigetMt 

ir-pr* gr+ixir+ixf jf+ixir+ix^+i^?* 



'•■• '«'"'''■■;'•-.■ . ^' r •• ' ■ . ■ ■ ■■:. 

c^ invenietur per Prob. 2^jrc=^/x^- «+ «n^»^/ k 



y V <f x*+ j : quas dehnit omnes Curvas OFNj quarum et^netltes 
abiof&rum «^ ^ eafdem habent relationes. Se^ 

' - . ■ ^ ' V , . ■ . ^ — -.— — ... ^ ^ .. ■ . 

Thkoh. X, ' ' 






In quo (juxta generales coejSci^tium determinationes § 9^ 

» * I » * • 







•!-* — ! ■ ■ ' . ■ !■* ,'■' ■.' — f 1 ( 1 II r , r i u- »» 






^r+ixjr+i^ir+iw+ixf'' - . ''f 

.l^mqp^ea omnia complexos (um^ quas (pe(9:ant ad Qua 
^nra»s rigorarum BGFO j d^dudlnles ex fimiiibus Figuris 

F DHK, 



Zul 



DHKj quahtm ordinatas Analycioi expreflas (int u ^z,^ -f* psftcf"^ 

^i/^^+^* exiftente x; uh\us/dimen(ionis fub vinculo. Et pro 
aliis fuppofitis jntra vinculum ejus diroennonibus^ aliainfinita Tne» 
oremata compatari p^ntrprtfuihquetabienn^ 
Qpadrabilitatis reftri<^ionibus : nuUas cert^ haAenus tradare con- 
dgit, prxter jam memoratas^ quitablidutdQudraripofliintjtqaan- 
daOrdinataduos extra vinculum terroinos^ in toddem fubvitijcidp 
muItipUcatos habet. Theprema unum aut alterum « £x Figuris 

DHK habehtiDUs z,* fub vinculo ^odu^ adjfciam. > ^ . ' J . 

' . ........ pf " ■ 



1 



$ ti. Sit ic=:/c*+ptfVv^^+4i« «quador ;defihiert§ Curvas 
DKLM^ ex qua cum Aflumpta z,=9^, invenietur perJProblema i. 

r 

y=m$x ^"-^-t-wpa*^'"-^^ V qx^-^M* : qu£ definit omnes Curvas 
QENfiroileaCurvisDRM.: SeA . , 



iJiaS^=:J^^^^ Unde 



Theok; Xr. 






BCFO =^^ -1-f a^x^ • qx^+MK 

Methodum noftrara exemidis I f 4 iij i 



S II. Sit ic=w*+f 4'«;Nv^}ai*-|-4i!. Ex qua tum afliim^^^t]a«>' 
rione jpyeniciturper JPr^Wgwa^ 



.1 . . ^ 



,U,- . ■ u» ■ •■ .• ' ■ t. 



Qu» definit omnes CorvaslC^ &i|ik^;:<::iOtisDl^l^:.;^d'' 



.• •• 



- ■ ■ ■ " . « f f. • f • ' ,• 1 



^*' . . .': .-j i..lr'-:'jk": ,. ij-: "'-n ni:;-; /,..,r! *r^i' h-S 






•i 



•- \ 



Clf3 

BCFO= — r — r- X i^f «•^*f-«» : 

r 

Quadrabilicatis condicio Metbodo fuperiori invenca« eft 
j_ 5^W"T r% ^ Obiter hic.notari veUm Figuram illam,..quiu5 

Quadracuram exhibuic Dbminus D. T: in A^ inKfitorumj ad hoc 
Tneorema reduci. ^quacio 4efiQtens ejusCurvam eft 
y,_ ^ccx—iicx'^^\ Reduaa itaque Qrdin^ta ad formulam 



%C — X 

— 2 



1. . JL "^ 

Seftionis II, cnt 7=-^ 2«*-f-2if**^ v-^ x-f-ic : cx comparatio* 
nedsbita hdjus^ cum genieran illam indudente, patet %m=:i' 
'--' f==h 5»^i=l*exquibasiw==:J^ fimiliteric^^ 

•I j fwi=>^;, undc 1=:— 4-, mpa*=:ic, undep=3. His 
valoribus,quanticacum 1», r, «*, f , /, f. In Tbeoremace generali 
iiibfticticisj inveniecur 



* wJ > 



^'r^X'^^. 



Vic^x 



i- ' ■ ■ *9 ' ' ' t ■ . * 

.,■ •:,''■ ;-. D.».. •.'••.. :■:; ^.^ : -v- -^ • •'-■ •• '■ * ■■ - '■'■ 

Tercius Egufamm Ordo hic eft» -m ouo ordinadm applicata tres 
habet cerminos excra vincuium fnahiiHicatos in duos (ub vinculo;' 

Soqmbus TheoreoMta genoraUa compucancur ac in, prscedeiiti*^ 
ifi:» fiBLcmijIigracia,..- ^ . . -.-^ :-.: ^^ /^. :■:.--■: -: 

ex qua cum aflumpca ss = ^ mveniecur per JProbfema i. 

j«5iw»w-nii^j|r/^w^ ; quae definit omnes 

Cimii<^jB^^ generJs oim DKM» & in ^uibus T)Ktt^ 

li %i * oed* '■ ■ . ^ • 



I I 



, < I • . 









* 1 



I ' » 




itom^Hkiiumet^^imeger & arfirtnativus. &cque £c|(rct^cm 
dutn eft ad alciores Figurarum ordtneSj in quibus ordinlita liabet' 
quatuor;, quinqug^^^^pu <^A|>tfirmi nos ex tra vinculupj mulciplt- 

Atque jam Mechodum hanc Dluf^uam fatis expltcuifle ^pero, 
iMi|tiUbiiqproQAfiBdiiCi|^ .^u-. 

WbjOnn^i^ wnriiiOttbyrJM qcKlfilMii ;exif » iml^ 

n^jilltfeaWfjfintor^ 

fateria^quum eft^ nonfemper hoc modo FigurgV^enSitkl^ilct fiilli'> 
pliciffimis compararL Atqui me. quod f ukeperam. pratftitifle fuf> 




^ « # • » • 



diniWlJfeB*^ ^ -^ ' ^..- -..-^ .^ 



' i jr.tr r/tJD i:U') 7f5 



ciiiimim^' quacttmiUius Area comparaf|fjgc>t<t§ ;(i^ i{i|(i|] 

duasj incerdum tres^ interdum quacuor^ &€. incermedias l^iguras,^ 
quarum prtma fimplicia ^gjg^ 

ma^ tertiaquamlecdnda^ 'quiUtiq^am t^rciaj & iic d6mcepSj ao- 
aec tandem ad oqmium abfolut^ fimpliciffimam peveniatur. Ha^ 
rum Fjgiirarumj. a fimpUcioribus ad magis magifque in infinitun» 
oomikibMSj progreflusexLe0f.r £icillim^ficdeducitur. 

In 



c:^3 

Iaad)O^Fiearsifinttres quaelibetGurr» jg/, l^ (quaramaxis 
U.OKina.txTj^ihy dhn Ccujus ui^V/J ica imer ie. rekt£, uc 
duois ^ quoris pun^ f (in Curva bg;l) tangence £4, necnon gcf, 
£bk parallelisad IJnScUi flt p^rpetuo. sc. cr :: ift- ef. Tuni 
a punacn(idiicaaibisJiifNiittM^.M /As'lffftt4|iiettll>:4M: Obrvx tz.J, 
«tS (quaram axis oO it^ ad prxcedemem Curvam /•_/» relatz,ut pro- 
dufSa /ff, donac accurrac Curnc 0W in putido x^ kquo ducaiur 
Tangens Mj,.&c "^' aB^c/parjiIldai fic T>erpetuo «p. /« : : «fj^'*. 
Tum'i'.puh&q aticacur «/f .^ili^paufleUj.l^atque dua: jJiie QvH. 
vjein^, t»T!itaadcu;3eccdeiitBm-«|| rcW^ uf,{)f:q^iV^^|^^dcu]|BC, 
cttaiFrM 'CpcrfC rr»,|Jif puiii^i-^ 8i:'^ii^ii«i.T^Bg9ti^e.r^.-or4iafti 
tu r/j fis iitifemija; ff^.icr..: : fu .0$. IjiL,inqium, pofiEifi^ -^rk, 
t'Ht:pzofit=tef=Jhki (marum ifi^ft fitnfuiqt^r ^uiun rWj ^ ^gr> 
iin^idotauani^j. &: Mi£mpli^.<qu3ta^ ^^^ Atque uc alias, 
P^tfas,' msgisquanirM gr&datim comt>o(itas invenies : eammqup 
Namras xquationibus Algebraicis definire llcetj data nimiram pri- 
t^a Figiira ipH'^, necppa daci».?^} 4Qumpti$^aa£tofubaf.piTYa- 
raip'^/t .f*^ ir^.adt(ua$ nemi)e^,4wu^iuirtaagenj;ie«4jfi.»^ 
Bxeptfii jjra^. Sic np^tis j^tuiDatiijbus^' ke=f!c=x, <g;: ^=aty) 

|a=cf%,TJ<;j(tiFyj'i«»'irt[8e «siqMrtf: eg^:pBriAiutBgiaant«-pofi^ 
M:ii)iiyriBttyvj==j.» Vttit' V-»i!<^ aafih it GWvi»ffl^*/Vi**' 

vam oiS; &deniq;j=1»y^4'<^*'^*¥4^'^^^«'«i^"+iV 
qux dennit.Curvani r»T. Et qiiainvi&e)Lis aquaaa fit per, qiiam 
«mpofira/t^men patflt iliius Quadr4cli.ram, ex 'ParabolE </iii Qua- 
Arahiradepetiderc; ita ut hac cognita, illa pariter innotercat, mQ- 
dd-ffititturttlgrefliis a Ciirva«Tj adCurvamojS, &3b ojSfldjditf- 
fiftni«,"»tindem h.}fn ad parabplam Jim. E(ietquidctii, h^, 
■BfW ih^Q^iometrTa, AlgSbrae Arialogum pra:ftara ; ficut in )uc^ 
exquantitadbus quibufdam datis, per varios 3:quationum refolutlo- 
nisgradus, ex una in aliam fit tranGcus, <.lonec tandem in xduiti- 
(mem-bimiino cognicam perverilatur ; fic in itla, «x data ^Curva 
«■Fj tfciAii Area ** «ft inct^ita) . per rarias ' ihterniedJE Oif v*s 
ai5t'ii^ fUi^ iraflfitus^snoc+andem ad GiirViriitifiwcbgftitiflli^i' 
^f£^rJg.iBfaTSnimcur. Hinc iuque n^]i(fim4»vipeci£itios»iri,*' 
si^ qiueaiir||roTtiadignitate tra6tare poiTLint, relinquo. 

.Hoftcit:^ m,i .L ■...■■- ■ ■-■ ' '" '■ '■■ 

iiiiAtqPC j*m!%4lhDd(ihiqwpat«em{»4orem^imritb|[b]tilie 
»Mi<W'ii MfInii ,^ iC^(k«h«UHy'Sipi«ffii)(Ws^J^it^^ ipo-' 



iy\y. 



.1D>e Qiiadraturarum Ex^riffme k6taly$ica, 

JAM prxmonui Arearum Exprefliones AnalyriCas noftra Me* i 
thodo inrentas, ab initio AEnal&Tion femper conipuun« fcfl ' 
ab ea aliquando deficet^, &' eatvdem' aliquando excedere quari: 
titate qiiad^m decei^itftta. Nbtattdaoi itaque ^ubdum illudj 
k i)uo AreJe com^tanajit-j 'eilii tdterdum fupra initium fi^iiaBxt 
interdum inipfoejnainttiov interduin uiam infra illad ; 8c non ra- 
t^ prorfas ithaginariatii elle. Di(Hn<ftionis grada/ cui expreflio fic 
inTenca comiletit, iibd)ic pMffdm». ^Uei^iihe Exfr0mu appd< 
ftre."' ■; ;' ;■ v' 

->njtiadum fecundo, ijaot^ ii" Arca^ Eipreffio Aiulytica In (e 
oAitioeat terntinum determinaciuh, cum iiuallibifitdr ab initio' Ab> 
(^£t non cotnputetur : Sn' indetermftuta qnancicas Abfdflam de- 
^iiaos loninet opn ceraiinos afficiaCj nun prxds^ Are« Abldffi! ad< 
jaceiiticanreaiaCii Duo itaqoe hic pnmivlaiiuitf primoj Datt 
q^yui AF«C',.^pre^ne AoalyiSci^ piii^nii i quo oofnpucaciU'; 
inVaai^e. Secuiido, Datopun^o nmplicjfSma: BzpiefiioniSf iti- 
T W^ i fc E gpwj ^ ai nwn AbCaflae.coqy wieptcin- ..-- 

Cum totius Methodi noftra: fufidamentura' iii eo pofituth,fie,.ii£ 
inveriiaturCurvaFGH, cujus intercepta PM fit arqualis orditutiai 
applicarK MC in Figura Quadranda AMC Promde fi Gebnie-[ 
tric^ derc/^ibatur Curva FGHj ('quam ob^tith luim^jJiiiMb^tfw^ 
in poneruin yocabo) ex illius relatione ad Qiudraiuiam A^$^ 
hsc duo quilira ftatim innotercunt. - ■! ."' v.^ 

AfliiTnatOT itac|uecafus,t|atclbiit>ris Exempli 9, in quor^^i^i,'!!!!* 
^ ^^7^*^^^^',ii^'!^ ^"Wi*t"*,<Jffinieiis Ouram NQiiti qw 

&>i^,^q^Xuf^^f^-^^^^f <5c'.ANt=i4v'*;; ,:Atqnp 
^r^'^T¥') 'i.^/f^'a--^-kk- itqnatio- defi9Jem';*Ctuadrt^^ 

GFH> qux Geometnc^ delcripu cum axe concurric in punAo H« 
fupra initiiua abfaflx A. Dic^ pim&um ilhidlHrledetpanAum 
fimpIiciQuna: exprpffionis, gci^otnde i GM 9=^iiw wm «IfipcKt 
prefiuHieni Ar» AMCN abfciflx KM. competcads, ^y.icau£* 



«BAtii Cdrn IffC 4d Ht ciTe Aream.HMC; «deoque excederis Ar; 
ream abfciliaE adjacentetnj toco fpacio trilineo H AN = i FA^. ' i : 




Secondc^^ Aiiuniaftur ExemplQm iecandum^ jn 'iqna«==)V^'«|-^« ^^^^^ 5« 
definit Quadrandam AMC, 8c i^^^-^-^^i/j^^ 

draticem VHG, qux Gcomecrk^ .fkfcH]?^^ cum axe ia 
pundo fimpliciffimx eicpreiuonis H infra inicium abfciflb Aj ica uc 
incegra Quadramitjic-mGyjiql^'^ abfciffisj decre- 
fbutiif^ordinaci ', '&nec iriiBunilQ tc^ evane- 
fcant. Deinabhocpundo.H^-Creicefitibus abfdflfis, crefcunc pa- 
riter ordinabe ufgue m infiniciim^^ Patecitaiid&iGfMfK^ xxnon 
integras Areas AMC> (ed illius tanmm parti HMCN compecere ; 
adeoqne Expreffio fitpetius inventa deficic abea» qu^ AbkiflicAM 
adjaceCj coco fpacio trilineo I| AN= i AF^ 

^ Aflun^c^f .^eitip^^EMmp^^ primtinf in quo ^'^y^.^-hicVQs^- P^- ^* 

^•andam AMC , 6c^£i}^ xv>' + ^* = x\ C^dracricem FG 

.-(..■■ *'•■'-""" i • • '■ • 

definiunc ; hasc autem Geometrici defcripta nulquam cum axe 

CQnquirit^, fed/.fH eodem (cpnciauaca ) yerfus K deflei^ic : 

catu^pun^m fi^^ expref$bnis tmn^ imagpna^fim. 

Pacet itaque iGMf=ix\ hon cbmpecere Area^ AMC ablc^ 

A»M^^W»f*?^.W*^ i FAf, Hafcom- 

n£f c^xip^ipacep^imprj^njjvia^meri^^ uc us aem^taitran* . 

<^ inl^eip.iupqt^ 'ifUec. (^asque de hjs cnbu^f ifiuris du^a, 

func; oQinil^ atiis .facillim^ applicar^ poflunc. Supereft cantum» 

ut qften^bim qoa pafto. pundum . fimpUciffim^ .^xpre^nts IL^ 

^gc du9fi: .(4i pun<apjn fimRlwlJimac apr^ffibnfc H,^ 

iliua ^efle m quo Qu^dratnx cum axe concuFnc, id eft, ubi ordma-. 
tim appUcacas x evanelcunt, feu nihilo fiunt aequales : Et proinde fl 
inacquacione (^dratricem definiente ponacur x=:oj haecrefbluca 
dabic longicudinem abfciflaejr^ ji^aquamC^^iatnxcui^^a^^cp^ 
curritj quodpund:um e!(l nrnplidffimas efxprefnohis' Flt qua^^^^ 
quod .fi vaipr qi^fi|[itjitis^ fic invencus, ^exic affirmacivus ^\mm^> 
Q^draticis cuni axe cohciirfus H erit: ihfra initium AbfcifTas' 
Aj & proinde Area Methode fuperiori inventa deficiet abi 
area quasfita AMC toto fpatio i FA^ : fin valor quancitati^ y 
fuerit n^anvusj tum H eijc fiipra A; iin denique vabr ^ia^titack 
j fiicric li^pdffihid»^ tum puii^um H imaginariioni cft. Sic in primd^ 

^'. horum 



t*3 

h6rm triam IttSiS^hi fiponawf Jtiss^h^aB^iy^j 
defuudate, /«*/. 



*•■' ..•* /■ ...■ ».' ,4»» 



'1 



?±^xV>-h«=»i 



. . ■ * " * 

-Fig. 4. V^ redufta dabitjcz:— -n, Sumptaitaque AH, ((upra A quia va- 
lor c)fis ofl negaciviis^ eik H poii^^ 



r«.5. natar*=*, ent 



X 




affirmatkvfe 



Br tertib Efemi«x/ abi^^^yi^jiyj^ pafitto^±=rtf, 

» ■ -t... .' ' ,. } ■ • . ■ ^ ■•.':♦ • - ■ . ; 



Fjg.-tf. crit ^ "^ -x/y»4^*=:g^ unde/=:V— -i»* qui valor cum fit im* 

poffi>il!sj cmckd^dcrmeflrpuiv£bmH'ed&W^ 
jn^CJ^Mr^tijcehi mifqiiam o^ AacectttKttrtec;';.' [^' . /^ • 



Eattfi^s pmter mantfefftim dh'AF i^ dt^habfAr <2||da<lra:i 
triei? inidb^s^iH^ cbfiy^mektteiof;' ]d'^;%b¥^ ^Miiiie 
ji ponatdfr^:^^ in gqpkti^^ 

^if^ di^' > > A^f ' Ip^iom excedem vel [ dimdeni' ab Areaer 
ExprefB^fiiPAinalytidi^ Methodo genet^ 'pxfd^QiM '19hi!pr(^ 
iii(fe'siEf I)BcrcA>ftttemi qaahdo^H c^ 
Jq H. ima£inarium eft^ .oabit Quadratiiram^AiiJir ''**'*' * '^^ 



tiwft^f FA9 

dfif bafabattiit Qiiaxiratutek' 




; . : l . • 



SMtn'^Hniatcmm-Ex6itipfe>.'eikiiia^^^ " 

.■%■■••.'-'• • ; i : • • • ■ •". ' • • . • ■ . ■'• ' ' ■ * ■ 



;'i^ii ?Oi Mn.-". 



^ «'4!:^^'* .-w»ii-.!.. ••♦■.^•i^*. '.•. ' 

• "^ ' . ' •. • . 

idcb '■ ■' '"■ ' ' ' ■■ ■ ^' 



7 • •,■•■•■ I • ■ •* ^ ■■ .■ ' " ' *• W{ 

•..■.•• y . . * , * • ■ ' ■ l ./■ - i • O ' t 1* 

I < • • .. . • Jr. •■ » , I r . . • ■ - • ' / ^ ; i 

I " ' 




E4>] 



Etin fecundo Exetnplo, fi ponatur/=», crit — i/^i 
FAf,&9uaiIhicdkinfj;a.A^uieo 
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Kfr 5-' 



§2liH=i£x/y +4+^i/^AMC=:i GMj-H FAf. 



la^ 






\i 



. « 



latertia denique E^emplOj pon,4tttr/=70j.,fie erit — z=xx^^f-^ ^ 



de- = i «N=2 i FAf. E^qtd H lfi<^agiiurutn «ft« ' idei 
i 



Atque hoc modo procedendum eft in omntbus aliis Quadraturis 
Analytic^ expreffisr five ill» pa r ticula r es, iive generales fiierinc 
Ita uc nunquam necefle.fit C^adratricem Geometric^defcriberej 
pofico enim f in asquai^jQMs Q^P^trioeink db^ x=u>, habe* 

tur punftum H> & potito ruxi\isjr==o, ha&etur fpatium f F Af ; ut 
oftanium eft. QcKidque in cribus i uperioribu s a x a mpli s Q uaQ racri p 
ces Geometric^ deicribere pra^fcripierimj id idco fa&um ett> ut ha- 
rum R,eguIarumfonteqi aperirem. 
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Methodtts DeteminanS Ttmgentei Lineanim 
Traniceadentuim. 

tig, 7. Ql T ADOirVa Tranfoendens cojidainqas gnerii ; AC Car< 
O ra ilU quje TraAfcoKientic fpecieni dcccrmifut. Sttqae Ab- 
leifla cofflmunis AB=9', Tranlcendends orduuci BD^», alttri- 
Ds GRTVa; AC ordinara BO^k, quaotitas Tranrceneleas, ^u por* 
rio CurvK AOsw ; Sini;qn«iD*.'Cf parricuIxCorvamm AD, AC 
in^iintti parve'; DE ^angens Cunrae AD, CF Tangou Curvfe 
AC, occDrreneels Axiia^djs £, F; dnaanti^ Ji.AA DC, & 
IMI, Crad ABparaHefxt «BCcnE auMni ^[iiaaciuflBJTciiaieiitQr; 
inEAgnita qusfi|<la<EB3=;/> FB»», P&s/y DiHi^B^=<^=sw, 

uy^, Ctt=».'- ■■;■ ■■ ■■ ■ ■f..-i .-■ 

■• '' ■ "' ;» .';■---'<-■■-. i';/ (n. 

■ .-.■ ^-i!! ^! .":;<;,'. f ',. -, ,^,4 -111,111 *«i', ,:-:.;:|:'1 ;t J - i 

> .; , : -ifi "ir :;(■!■,. .. t f. o,;.f C: .■.■■..' , :t.-! !!■: '- . : 

. ■ ;'--ilitl:-': ■> .'-■■■. ■Ti^K .. ;;;(. .. . , ..,; ;:,|..;. 
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'"■'^;: -,; .. I'! ;( ' ;.;ii v 



■)!,■ 



'^^fc^^T^^lfs^jjWipne^QifvamAD dd^i^ntej ■pro>ponaturj'-H»iy 

^«i^ftiaui^-^ <& pro V pooamr-B-fwj hoc eft, v4-t ■-'^1 
ji[n(In;rKfl;r:<i j; ti , > • ■ /- /- j ■» 

^i^rJliP^iMifr-jAurcrantor ex arquattone lic compolica otnnesce^- 
Wffi jfr.^BW^iOec CwJ nec (,e) reperiuntv- j- Aqferanoii' 
Qi^nK^-Ye^liMpi i{n ^uibus (m) vel (fj (iint in feipias, vd fe invj- 
e(|^:-tTwlwlii^^C¥. 4. In xquaiionc reliqua pro (m) ftbftiaianrt' 
ubique (f X &pro (e) lubltiruatur *; un4? acquatlo^ fecondum 
Algebra regulas redutfta dabit valorctn Analyticuni quanricatis t 
tangentem quasfitam D£ determinancis. 

^;Qa^o Regi^ hu)us demonftutionem , quoniam deddcitur ex 
generalt omnium Methodonitn fiindamento , apud Ceometras 
paffim noto, & dducidi a D.D. Bmrm ex^cato. 



E 4}. 3 



tatn qux lin«am Carram icGgnzt, quxque acquattonem alteriui 
Curvaeingreditur. 

ExCoroIIarioLemmatisprimiPart. i, patetQuadraturam cujuf f^. 
cunque Figurx AMC depeiider&ab alia linea Curva FGH cujus 
interceptz PM Hc xqualis applicatx MC in Curva AC Figuram 
Quadrandam terminantft. ■ Deq; his notatu digniffimum eft, quod fi 
AC fint CurvjE primi generis tum Qyadratrices FGH aliquando 
runc CuFV£ primi, ali(),uando ctiam (ecundi generis,; & ii AC lint 
Curvx iecundi geheris; tum QiLadratrices FGH aliquando. funt Cur- 
vxfecundi, aliquandoetiam tertii generis: & univerfatiter, cujul^ 
cunquegenaisuntCurvs AC, tamen.QuadratricesFGHaliquan- 
db lunt Curv£ ejuldem > aliqudndo proxtme fupenDris genens. 
Figurz vero AMG, quatum Q^raturss Mcchodp generali deter- 
minandaj.£ifce[M, LCurvisifQltlmmodo AP primigeneris coniprct- 
hendunttjr, Se prtunde Quadratrix,invenienda FGH, aliquando exit 
Curva primi, aliquando Cur.pa/eai0digeneris. ; Inpacte KujusTra* 
datus priori often[ume(l,quomodoQuadratiix quxlibet primi genCT 
risFGH,pro Qpadranda qualibet eam admittente iit iiivenienda.Rem 
paulodifficiliorem jam aggredior.Q^adcacrices nimirum (ecundi ge- 
neris FGH determinaturus,*-'qiHin% Qiiodranda AMC primi gene- 
ris, aliam non admitcit. £c fpero me Rmdamenca tam generalia 
tradirurum t Ht ^Aetn ' Mbihadui ad-KUperiOta.f i^arumgep^a 
promoveri poi£t ab iis, qui majori fruuntur otio« quam quod pne- 
fens vita noftrjE ratio largitur. ■',; ' 

Pro harum Qu^raticuiit/^a^oBndeotium Tangentibus deter- 
minandis, neceflefuicnovamihini MetBbdum exo^itare. R^. 
I«enim Leiboitii ('quibus infiiperipriparteubjqueulW-JuilO Cuf 
folummodo Algebraicas rerpiciunt; Ego (altem riihil^i^nde Tran- 
fcendentibus peculiare cotligerepotui, quodeodem juread 4l>onuil| 
Methodosnon pertineat. Nemotamen putet mt: i pracftantiiKma 
dus Mcthodo.quidquam velle derogare ; mihi emm^-peiliiarHtn 
«i celeberrimum Virum, calculum liium difFercrfttt«f#i HMt 
xaodo ad t^c, fed miilra alia recondiCa probtemita ^i^fdPfifffi 
re. Egointerim Methodum mearn, .ebaem orditie, qu<i> itiihi>flit- 
ttr inveftigandiim occurrebat, hicexhlbeo. ' i' ' 

■ ^f.-rv.,: -.fi ;a JT-ri-' . , ■■■ .: ■■.,-: 
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Uc n 4t/ = x* I erit asquatio Regulas quarta parte itirenta ^ 

JL- z:zsx\ Exinde etiam compendia fbrmari po^nt pro 

furdis & fraftis, qualia ingeniose excogitavit Leibnitius pro Conris 
Algebraids. SedfquianuTlus erithorum in (equentibus ufus^ plura 
jamnonaddo. 

Rg. 7. 'Exemf. i. Sit 4x;-+- v* + l/y*+<f* =^x aequatio exprimens Na- 
turam Curvas tranfcendentis ADj cujui tangens DE quasricur. Per 
compendium modo tradicumj proparce a^uadonistranfcendente; 
& per Lebnicii regulas^ pro parte ejus Algebraica erit, 

^-f im^ ij^_^^^ qu^ reduda dabit 

^. ■» - - - ■ \ 



-^ig. 1- Exemp. %. Sit jam linea tranfcendens ADG Cyclois , Gujus 
drculus genitor AGH, AxisAH, Baiis GH. Sicque D punftum 
|[n GjpplcMde datum, ^quodi^ndaeft tangensDp.^ Dui^ ordi- 



natim appliq^pai DB (ecans droilum in C; (i^que ut iiipra AB=7, 
^C=V BP=yc ; ficquecirbali diameter A H=Z4r. Hjs poficiSi 

« notiffima Cydbidis proprietate erit v-H/i^y— jr"=:x ^uatio 
definiens Cycloidem datam, in qua quantitas tran(cendens AC=:9« 






j . ... .1 / .1 



^ ■ -=g:EB. - 



JObi xbdimiwiailEuhi AfSHi idantur FC=r , lFfi=^, & proSitde 

*eciam qujs^as rtangentem quoefitam Dfi/ determinans ioiid- 

teicit. '. .^ 

9- ^ Sitfi»^ i4> i Afliimatur Cl> ctmra terrii geoerisf cujns. xquatib fit 
:«tvip>ix,v jnma 8( defignat x3rd]natam:BDi;8( nr.iqiiantitBtetaiiaii* 
lcendentem: AG» (canram fciLfeoqndi gietois>{[j}iDQfta Med^idlam 
noftram erit 



:^ 



h ae , 

Ubi c defignat ipfam tangentem quantiutis tranfcendentis, fdl' 
FC, & b lineam inter ordinatam ejus BC & tangentis cum axe con- 
curfum 'PfciL FB: &quia datur Curva AC (hoceft acquatio illius 
natAram definiens/ ideo danturj c] b. Ut R aw:=:uu, in qua 

iic=BC, w^=AK. Erit ^?=:mi#, unde r= ^-2fi=FB : dantur aa* 

b ac 

ttmh^ c in hac asquationej quia datur Curva AK (pedera tran- 
fcendentis determinans ; ut fi 4i=;% in qua/=AB, i=BKj erit 

TB=*=ir, TK=c=/tr+< : 

I^h*genterenin>notandum eftc femper denotare ipfatn tan^en- 
tem> & ^ lijneam inter ordinatam & tangentis cum axe concur^mj 
in illa Curva quas fpeciem iftius Curvae Ccujus tangens qua^ritur^ 
Jbterminat. Sicin hoc Exemplo^ quia AC eil quantitas tranfi:en- 
dens Curvas AD cujus tangens ED quasritur ; ideo in valore lineae 
EB Cperhanc Mechodum invento) erit fc=:FB, c=FC; &quia 
AK determinat fpeciem Lineas Curvas AC^ ideo in valore lines 
FB; Cper hanc Methpdum in veniendo) erit TB=^, c=TK ; A- 
deo ut cuju(cunque generis/ic Curva.AD,. poflec tamen (emper 
invenire valpr Analyticuslineas.£B> quas tangencem quaeficum FD 
determinat ; fub quo continentur tangentes omnium inferiorum 
geoerum; quacomnespra datis (upponimtur^ cum tangens cujufli- 
bet Curvac (uperioris, ex datis vel inventis tangpntibus Qirva? ggne- 
ris proxime inferioris habeacur. Uc (i quacratur tangens Curvas iex-. 
tigenerisj quasdetermtnatur^ Curva data.quintij auas determina- 
tur 4 Curva data quartij quas determinacur a Curva daca terciij qua^, 
determinatur ^ Curva data (ecundi^quas deniq;,decerminatur a Cur- 
va data primi generis : Per Vulgares Methodos invenietur tangens . 
infimi (eu prinii generis ; ex hac per Mechodum noftram inveniecur 
cangens Curv^ac fecundij & ex cangence fecundi inveniecur tangens ; 
teitii, ^ cx tangentc. Curvae tertji invenietur tarigens Curva: quar- 
tij &.ex..tangence Curva? quarti inveniecur canjgens Curvo: qujntij. 
&{ic dei)ique ex jc^ngence Cufvae hujus quinci invenietur tandem. 
tangensquacnt^Curvas propofitas fexci generis: Calculus enim in 
Qmnibusi^em eft| .nuliaque eum.quanticas iqg^edicuri ni(i qua? da-. 
tas barunv Curyarum aequaciones CQn(licuua^:&: earum tangentesv 
dcterminant, ^,Mit}ilitaque jam de^fTe videp^! quod ofnhium Cui- 

varum 



varum tranfcendentium sque ac ft^B^briioutua tat^^ 
ctt, quodque in his, quas jam explicui, contttietur. 



■> I !■! 



ykthodui invefiigandi Qtiaciratrices Tianfcendences. 

NOtmdtm ^ fffima:^ ^i iua^ bie fim Lmea CnrvM incognujt^ 
quarum ahera e/t ipja ^uadratrix TranfcenJens, altera 'ueri efi 
Curva ifSm Dramfttmbntis fpeciem iaenninam. SHimJi^ ^jtod Qua^ 
4ra$ri^ftmfer JkCmifa fetimdi gemw^, qnia HigiHm Curvis tamum^ 
frimigeneris tra£tandas ajfumimus. 

Fig. lo, Sit AH j vel OH Curva Fignram Quadrandam ABH , vel 
&ir. ' ABHOcomprehendens; AD ejus Quadratrix quasiita^ &ACcur- 
va Quadrktricis fpeciem defintiens quaruni' eommunis abfei/&ABt=^ 
ordinatas BH=%j BD=x, BC:^; qamtitastran(cendensAC==axi^ 
& {a) quantitas quadibet data 8c determinata unleatis bcum fi^ 
plens. 

R E G ir L A. 

I. ^quationi p^r Problema primum' P^rf. i. invenM ^ddktur 
€v atque hasc eminenter contlnebit a^uaeionem> qua? Quadratri- 
cem AP definier; ubi e defi^nat auamitatem incognitath f^ do- 
terniinatam : Facite enim demonftrari pote(¥ quanckatem v non 
ultra unam dimenfionem afcenderej in Quadpatrice tranf&endentc 
cuju0ibet Figuras primi generis. 2. Valorem Ordinatas :& Comni» 
bus ejus terminis fiib viticulQ invdutis^ multrpBca per y^ addantur 
omncs ejujs poceftates inferiores coefficientiras ihcogmtis;^ bf, k^ 
&c. afle<^ ; & flimma omnium a^uita quantitati / erk aelquatio' 

auas eminenter continebit Cbrvam AC ;. Ptt M ethodum no*- 
Iram TangentljLim modo expficatam, ex squiatione Qnadratrfcem 
AP eminenter contixiente inveniatur valoc Analyticus Linear E^ 
inter ejus perpeddicularem AD^'& ordinatam' DB intercept^ 
4. In hoc valore Anafytico interbepta^ BL fubftituantur vaiores 
^antitatumi^ c^ per communes Tasgenttum Metbbdos, exa^qoa* 
tioneCUrvam ACjbminencer continente ihveniendosif itauenulla^ 
quanticas indetermirtata pra^er j^ iti vabre interceptae BL reperia^' 
tur- 5 . Valorem fine^ BL fxc iinventu5 arquetui* vafori' drdinatap z^ z 
Terrpini huJHs $qaati6ht!^ C^' furdl^ 6c fnatr IJbehitaO nt$'abinp«<^ 
raci coefficienres omnes irtcognitas ^tcrminabimbj quar in^tiropnis' 

locis 



^ 
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hf» «iftitiifir 4»bvnt ^v^m^^^^^ C«nr4s ACi AP dofiment 

NotanJum, ifuodiileo necejjefuit aqHationew^ Curvam AC incluieH^ 
tem dtjmfi; ^m uhHr 'pre^ imfoffibile erit, vaforem m^rc^fta BL 
inventim cnm vaJgrc ejiui d4^o comparare^vel farticulafm^Tranfeauim' 
tis Naturam determinare. 

:($rculi Qiiadr^turam invmire^ ^ 



s;^^^^aj^}\ jam quia pcr Prolx i. Part, t, ly+maWiaf'^* 
c* efl^t as^Qacip incluae&SrQua^rafricem AD» nquidem illa eftet 
Curva AIgel»ra]|ca (eu primi gen«ft; j^aicum taleqd 1^9 Circulo nul- 
lam ede conftec, ideo per RegulaiQ ^r^cedenten^ i.J^^fy-^rma^ 
W^ay-^^zi^zMxent aequatio emiaQtitl^ continens X^adratricem 
Circuli tranfcendentem AD. ... 



, - . ^ ,« VHhMI'''^'''^^^^^ aequatio eminenter conti- 

nens Curvam ACj quas fpecialem Tranfcendentis naturam deter- 
minat. Sed quia calculum experto innotuit folos termims, ¥^ Sf^' 
bus i\ tHy rep<riuf» ug/ y m cyqtprehsader^i idepjit c^ijlusfaQi- 
plicior Hat aflamo Vi&#X-^^' at/. Qajq uc (ad vitandas ^aAioMs) 

facilior evadet fi pQoatur V^baj-Ygy^ =^. Plurima onim hujuf- 
modi compendia inter operandum invenies. Atque hic femel mo- 
nuifle fufficiat^ me in lequentibus non omnes termiip^ i^guatio- 
num juxta praefcriptum Regulas Joco i^ S^i^ ^fliim^n^psadmberej 
ied tot tantum eorum, quot per calculum vel a!tfinde^ Cur\fas tn- 
cognitas A D, AC eminenter continere cognofco. * 
^« J^ priQri «^quatioDQ p9r Mf^hpdurn tangentium jam ^xpliaH 

uminyeiMP 

r . 

£c ex pofteripri ig^uatione invenio (4«} per cotpniunes tang^- 
oumMethpdps ■ " ^ . 




H SuSfti. 



Subditutis itaque his valoribos quantitatom Bf i, in Auper inveiit» 
Xfdpreintereeptae BL, erity* . 



.«« A 



HsBC «quatio i fraftis 8c (urdis HberatA dabithanc, 

+r//A ' -H»'/ >«•/ -V»8//A l"^ 

• — i6/A I -<tl4//*..-f' -.48/A 
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^ * 

Fa<aa comparatione termrnorutn hujus «quationiSj erit prlma 
llg — %ll^Ag—o^ unde/=i. Secunda cotiiparatio crit 

quantitacis /> inveniecuf lAnMSr^^fminos fe niutuo deftpu- 




Q^arta^ 



-T- a\^- ■ -V** 
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^ tm^b X *'=ag* •+" 2^^ — ^bg^ ib X ae^ qoxr riti traftata dabit 

— - • . • . ■. 



n*— e* 



^s=: ^ ; & proinde harum Fracaionum numeratores 

fimt aequales fdl. — f»V'— iwij*— <i*— e*=:— iwV— ^wa*— e*, undc 
:-<^i ; fubft ituto itaque valore quantitatis i^m) invenietur 



jfr=:IIi= — I. Quinta^ a^^-^m^g^i^lmb—i^mb^/^^b^^^J^ 
+ 4i -*- bb% «M* , unde ( (iibftitutis g , l, m repertis) erit tan- 
dem eb:=a. Sexta denique xm^i&^^= li&Va^ undebe=:—; er* 

go tf=— , unde r=<f, & proindei6 = — ^^*; & fic tandemomnes 



e ... ^ 

coefficientes incognits inveniuntur feiL lz=Jy=:^^ iw=5f=>*-r, & 

e=a. Hi valores in propriis asquadonibus (iibftituti dabunt av^- 

^j-^a X • i4y-*y '=Jcjg a^uatio definiens Circuli Quadratricem 

AD, &j/a4x— y =i asquatio definiens Curvam AC; & quia 

z;=:Vtajt^*j ideo x;=ii ideoque non diflerunt AC» AH, nec 
fpede nec magnitudine: unde oonftat Lineam Curvam quas Qua- 
^atricem Circuli determinat^ efle ipfius Qrculi circumierentiaai, 
£t juxta Lem. i ^ Part. i. 



Ubi t=AH (nam AC, AH hic coincidunt ut diAum J atque 
hsc eft vera Circuli Quadratura Tranfcendens qusefita, nec poffi* 
bile eftiUam aliter per aequationem finitam exprimere. 

PaOB. IL 

HjiperhoU Sjiadraturam invenirt. 



I. '' 



SIT OHHyperboIa a?quilatera, cujus centrum A, vertex O, Fig. n: 
femiaxis AQ=o ^ abfcifla AB=y, Or dinata B H=^, und^ 

2i=^/-f-f^ pcr Prob. I, Part i. ly-^ma^V f-^ra^ =xx eflet a&- ■ ' 

quatiodefiniehsOiiadratricem AD, fiquidemilia efletCurvaprimi 

fenei«is, f^d quia nullam efle talem pro Hyperbola conftat ; ideo pdr 
;es^m' praecederitemrir ^'«'+"^W^ V>'4^ 4*tai;c;c eminemer 

'■»'C'---lra/- ■■*•■•■- >''-i/i:^-jcontinete 



• ' 
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c bntmebit QuaJrftricem HyI)ertj<J« Tmnfcendeirtem. Et x, «rit 

^^^t^^W^^r^^ iequatio *minenter comtnem Cumift 

JiC:=v ; ftd calculumexpercus anveni prioreni fub ew=^* j^ttcvi^ 

orem vero fub s=i^k-^bjf^ comprehendi, & ideo bas pro illis ulur- 
^, ;. Per Mechodum noftram Tangentiaafi inv^o ificaroepcui 

BL=-^ Et 4, per communes Mcthodos invenio etiam 

xb/ ib/ 

Unde 5. »L— ^— -^ — ;q:^^; — Vj +^ =BC 

Haeca^quatio i fradis & furdis liberata dabit^ 

prima comparatio /^bee=4b^ unde *!ir:* • fecuiida erit hxc i6tf*=i5 
i=^aa, unde «tm^; & prdhwle i6r=:*=ii *, 5 ^rtisLike^2fka\ mAt 
JraHus ^=M ; iquliitta^ieniqae ^^^sss^ unde ^1::=)» 4 & fi-omo^ter- 
mioos ^cedenckM aqcuuianvtai m hoccakMb recinuiilemt iiiy«- 
Mflem pamer (" (ed ^lixion cnkulo) fnri^ wmg^ ^:=i#^ 
p=(?. unde conftac folos terminos coefficiencibus e -8c 4 ai^^^.^, 
prasdidas ^equationes conftituerc, eric icaque a ^v =: ;cAr^ ^equatio 
deHniens Quadratricem Hjfperbolas Tranfeendeacem AD^ & 

s—^-^/, hoc eft 1 as—y* equatio definiens Curvam AC=:v, 

4aa 

qtix m hoc cafu eft Parabola^ Caj|l6 l^atus ri^dum^i n. Atqut 
per Lem. ij Part. I. 

av=:ixx=PiBllO. 

QjLias eft vera Hyperbol» Quadratura Tranfcendens, qu^eque a 
longitudmeLineas Parabolicae AC dependet, ut jam antea ab Heu> 
ratia notatumfuicin Epiftola fua.ad Ctcteii^Geometciam annexa. 

., . Pkob. IU. . 







IKfveni re Qjg adraturam Egurae A^SHO ;. ' cui as yfq pMsta^ 



Vy+ 



«mipncccdentem erxt i^ tv^lj-x^it^Vjl-^ra^z^xx, xiii^i'^ a«n6- 

cac 
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tae p ortionem Curvag AC, cujus flpyatio e iniiieiitci ^ tia^tur (ub 
hac Vp'f'qy'j'4;*'^kf'\^^'\'bjf^s, catculutnifeqliurainveiti /~»i 
m=o^ prrsyrr-rf; — k—£=z9. Ideoque e xc=::«^ eric asquatio definieos 

Quadratricem tranfcendentem AD ; ScVbf^s aquatio definiens 
Curvasu AC, qu« Tronicendenti^ipecieai ^ecQrmifU|C* t* P^i* 
M^o^um T^ngentium jam expljcatam inveaiojn,terceptam 

— - : & per comunes Methodos invenio 4J *=t^, uade 

.., W- :•••... .' --:::.-'. .focr.5 -?--" ^ 

15 



cmde^tri*, fccuhd* 2y*e*=?t 6^ tmdc fc=: -i^ ; IdtSbqj^i/wfsxi 

'definiet tSuA^ratricemlJLlD^ dejatuet OurvAjai^^ 

unde per Lem. i. Part i: fv= t A:Ar. Dependet itaque propofita: 
Figurx Quadratura ex longitudine lineas Curvas ACcujuspropriecas 

cft s=:^ Vf. 

Prob. IV. 

' ¥Nvenire Qyadraturam Figurae A BHO>c ujus Natura litz:=VfJ^a'; Fig. if; 

•*• perProb. I, Part.i. /^^-'''^^'^^^+^^^^^.^^^sffQuatiodefini- 
eris Quadratricem At), fi illa Algeb raica fiiiflet ; at quia Tran- 

icendens eft,id'eo ev^lj-^^max^f-^u^^^xxj^ per p rimam pr^ceden- 

tis Regub partem. Et i. i== V'A/+jf/+^^ &c. acquatio emi- 
nencer concinens Curvam AC, k qua Tranfcendens Quadracrix 
AD decerminatur. Inveni tamen /=i»=^=^, &r=^; ideoque 
£x/=5c' Curvam AD, &cs—b/ Curvam ACdefiniec. ;. Ex 
..^dO-l^ JliMhjM^um praecedencem inveniecur 

BL =^^ 4- Percommunes T^ngencium Mechodos invenietur. 

c=-^V^i+9*/=FC, ^=?-=FB; fubftitutis itaque his valoribus 

quancitatum b, c, in nuper invento valorc interccpta? BL, erir. 

BI;=' 
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Pntna Gomparatio erit €» = 4«*^ unde erriif. Secufida. erit 
^b€e=Ay unde i&=-^. Et proinde i4nK=xx Quadratricem AD* 

&i=v'^^ Jioc eft, /=: ^ eft aequatio Curvam AC definiens. 

EtperLem. i^ Part i, azr=ix^ABllOj, ubi xt defigtut portio- 
nem Curvas AC jam inventx. 

Atque jam Methodum hanctnB fuffidenter explioafle credo, ex 
qua multa prarclara Theoremata pro Qpadratridbus Tranicenden- 
^cibusdeduci pofluntj dpe Xdmmads ij Part. i. qualia exinde pro 
Qpadratricibus Aigebraicis deduxl Habesitaqui^ benigne Ledori 
quae de Figurarum Quadraturisj hadenus meditatus fum ; in qui« 
bus^ fi aliquid ad Geometriam promovepdam reperiasj ififi 
'fc operam non inualiter ooUoauTe judicabo. 
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SEktus jam labitur Annus, ex guo hx literas ad raanus meas 
pervenerunt ; clariffimura Autorem tamen bile perguam fer- 
vida illas Icripfifle perdpiensj credebam me^ ex omcio hu- 
manicacisj Refponfionem meam dif!erre debuifTe^ ut illis 
interimj Mentis Adedicime dofi Taspius repetita^ Animum fuum tan- 
. dem ab Ira purg^retj facilius etiam errores perdpiat^ quos ab ipfo 
in Geometna commifTos iam fum oflenfurus ; atque hoc pado 
. Medicum fimul & Gemetra^ mj^Uorem fe praeflititifTedemonfrrabit. 
Nuncita^ue breve huic Epiflolas Refponfum dabo,negTedis confulto 
iis^.quas m praeflantiffimos hujus a:vi GeometraSj eofqite immeritdy. 
efFuciic; & quas in meipfum opprohria congefBc. Sciat ecenim 
icurvilem, quo uticur, Scribendi flylumj cum fit hominibus inge< 
nuae educacionis indignus j etiam a moribus noflris eflequam maxi- '"' ^' 

, me alienum., . 

• • • 

AAa efiiditdrutp . Lipfis publicata menfe. 0^^^ t&ii, non- 
. . ■ miilav. 
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nulU cogirata drca Figuramm Quadraturas propofuere i qiubus 
«ABtGF4>. T. M eth o d i cujutHani SQecImen contineri ailerit. Ea- 
j^ix^ Ada . Menfe. Mfiio ^ 68^ ^ aliud fcriptum exhibuere ^ cujus 
Autor AnonymuSj poftquam ce prasdiifta Mechodb tanquam 4 fe 
invenca multum pracfatus fuerat, concludebat tandem eam (ibi non 
ufquequaque arridere. ^o^ cum Mecbodum iftam penitius; ii^ 
fpexiflemj non putabam rem tanta^ molis> ut Qeometris uno pluri- 
bus digna habcretur: & quia nihil tum exubatj quod contrarium 
(uaderec ^ credebam me qua^amque de hac re in fcedulis citatis 
fcripca eranc^ tanquam ab unj> aUquo viro fcripta fiipponere tuto 
pocuifTe : pra^fertim cum nihil contra iflam Mechodum aflerebam, 
quodnona^que valeretj five unum five plures haberit Autores. Sa- 
ns tameQmirair nequeo DominumTj!). 71 dioere PQtuifle Sdiaedam 
Mer^Af^i^ JkiiDtam J|ptq|^ G^Q^. titiJi> prae^as hab^iffe, ex 
quibu^4K^n ipkim^' fe(Woi^miiaJubbnitiMa fchMuIafiiifti#.Auto- 
rem efle cognoicerem ; quod falfiffimum efle , cuivis vel leviter 
eant rinrpicitiici conflac. Sed Refpoo^ot^ 4|;u>a opus efl ad tali^^ 
^gU^ p. r* ^ntdpdiTCavili^ur^ quasqfdecufe verlMt)DiQrm^.or£l 
collata ollendunc noh ipfiimj fed Domitium Leibnicitim Methodi 
iflius legicimum efle Autorem : idque jam manifeflum fecit Domi- 
nus G. G. L. in fcJMfiili^ /^dorom cui ^Iu6 (D^GeometriareconJita, 
&c.) in qua expreke fe ejus Autorem elle aflerit^ ^' & eandem Do- 

** mtno D« T. aecem ab binc Annis commtmic^Jfe, cum Parijiis de rebus 
^^Xieometricis erebrerrime loejuerentnr^ quo tempore A 71 per alias pla- 
ne vias incedebatj ^^ dum interim ifp (Leibnitio) hac Metbodus erat 
*^ familiarijfima. Quacqueicaque m hoc negocio concra me tam ira- 
tus fcriiptic P. 71, pmnia hiic redeunt i quod ipfum Pla^artum efk 
^tun^ nefcireni^ ^ ^up4 O^tloguiaj^quai: rexaecim ab hinc^tfihis 
ipli cum Domiao G. G, L. interceaebant ^ divinare nonlpocn- 
erini. . 

■. i 

Sed ad ipfam M^thodum rurfus cot^fiderandum accedo ^ prouc 
illa II Doixiinp D» T. explicatur ; puUus enim duUto ^uin cmber- 
rimus Leibniiius eam perfe<9:i{&rh^ intelligat. Ilfi^ai^em his tribus 
concinecur. i • Daca Quadratrice invenire Qukdrandam, velj quod 
idemeftj invenke Curvamciijus Area per datam quanilibet aequa- 
tionem expnmacur : hoc aucem fblius Domini Barrow inventum eft;, 
inpii^. 125. LeSf.Geom. i. InvenirCj cerc^ Mechodo^ Qpadran- 
dam jgeneralem fimpIicifBmam ^ qua^ datam quanflibet Qiiadran- 
dam parcicularem eminencer concineac. ;• Quadrandas generalis 
iic inveaca^ cerminps^ ciyn refpe^ivis cermiois i£quacionis pirvarn 
propofitam exprimencis compariare, ttt kiide habratur Qiiadfatrix 
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qtucfitij Td pateat Quadraturas impodjbilitas. Hoc vero Cartefii 
inyentum eft, qui in iecundo Geomecrias iux libro Methodum ex- 
pohk {blv^ndi Problemaca per asquacionum comparacionem, quam 
per Tangentium invcmionem egregie illuftravic, &: exprelse infini- vid. pag. 
€15 aliis Problemacis infervke pofte afleric. Nihil itaque (iiporefi,^9'Geom. 
quod Domino D.T. tribuatur, nifi (ecundum folvac Probjema, ^^n^f^"^^' 
galam ccrcam exhibendo, qua debicum Theorema eligacur. Quam*' ' ^' 
infoelices hucufque fuerinc omnes ejus conatus ex lequencibus lucu* 
lencer apparebic. ^* 

Nocandum eft D, J. duas Regvdas cr adtdifle, quarum prior con- 
tinecur in fpecimine^ 8c ex dimeniionibus quanticacis 2s Theorema 
eligendum jubet, ab(que ullo ad dimenfiones quanticacis x refpe- 
An, uc ex ip(ius verbis Itquido conftabic , ^' ^ia ordmMtim of^ 
^csta ad duas dimenfiones afcendit^ fecundum Thecfemm ^ligetultatk 
( fi tres bMbuifet Ji$9temfimes tertium Tbecrema faifiit eligemdum, c^ 
*^/lc ferro). Regulam generalem eile, ^/Irema ejus verba (c^)& 
farro) aperc^ indicanc. £c cum ne verbum quidem amplius addi* 
deriCj quis non videc illum vc^tile, exibliusordinacim applicacas « 
dimeniionibus, debicuin Theorema eligere ? Cum ne mimmam di- 
meniionum abiciflac x in tpca f ua Reg]L& mentionem fecorit Sed 
ex Animadverfione mea percipiens infinitas efle Figuras^ qus ad 
Methodum fuam fic expucatam reduci nequeunt j ad feeandaiii^ 
R^lam confugic, quam in his liceris edidit^ dicens in eleAione 
Tfafiorematts non tantum ordinatas 2^, fed etiam abfciflas x dimenfi- - 
ones efle refpidendas. Et ne videacur novatn Regulam exhtbuift, 
prions Regulae verba peffim^ mucavic^ ubi aic ■ ^^ Dixeram m^ 

^^ ffecimine, quando ordmatim afflicata^ &c. Cura re vera in Sp^ ; 
citqQiine xUxiflet^ '* quia ordinaiim offlicata^ &c. iila quidcm laxi- 
orem fenfum admictunc ; ha?c vero cam abfoluc^ ordinacam refpid- 
unCj uc omnem Abiciilas con(ideracionem prorfiisexcludanc : quod 
ideo notari velimi uc paceac quam mifer^ in his Literis tergiver/e- 
tur. Dein procedit^ ' Hoc Autor bic adeo abfi>luti intellexit, ac fi 

" mllm juxta me refpedus habendus eflet.ad Regulas compa.ratio-' 
numy cjuas tamen exfrejsh dixi adhihendas. Annimis abioluteip- 
ium inteUexerim^ verborum fuorum muucio ab ipfo fac^a teft^cuf : 
RiBgulas aucem comparacionum quod accinec ; ^o quidem nihil de 
iifi in.AnimadverfiQne mea adduxt^ ipfum enim ex Carce(ii Geo'- 
mecria edodum eas rice adhibuiile perciptebam. Sed cum Regula^ 
cdmparacionum^asquationes comparandas aliunde dacas vel invencas 
fiippQaHRC» -ahfurdttm efl: Theonmacis eleftionem ex itidedttGen- 
dtfMi® aAnre ; quodeciam tpfius I^omini A T. procfidus jndictt; 
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utviclere o^m pag. 4;$ & 4;6j AQorumAnni 168}; ubxj afluni- 

pta Figura, cujus ordinaca eft duaruin dimeniionutn^ juxca ReguUm 

§ f • cradicam j fecundum Theorema eligic^ nullam aliam el^tonis 

racionem adducens, quahi tiuia ordinacim applicaca z, ad duais di^- 

menHones aflut^it 'Tum S i, Ih/Theoremace (ic eledo quantica- 

res B, C, &e. refticuere jubec. Dein in S ;, fiat (inquic^ com- 

' paracio omnium horum cerminorum Theoremacis hujus^ &c. com- 

paracio icaque juxca ipfum mfticuenda eil cum Theoremacq aliun- 

Aq eledoj nimirum ex dimenfionibus ordinaca? z* juxca prsfcnprnm 

Regulae § I. exhibicar^ adeoque non verba tantum idlus Regula?^ fed 

eciam Domini D.T. ejulHem applickcio luculencei' confirmat liul- 

lum refpe^him habendum efle^quancicacis x \n eligendo, fed rra- 

dando Theoremace ex fblius* i ordinacas & dimenfionibus.elefto. 

Hunc Regube fuae defedium in Anifinadveriione mea demonftracum 

(&*excu(are poOe fperac^ innuendo fub inicio hujus Epiftolaenon 

imegramlylechodum^ fed illius rancum Specimen aliquod in adis Eru- 

dicorum.Contineri. In ([)ecimftiibus quidem fblenc r^ compendiofi- 

us craftari^ ac .p^rcem rei tracftanda: dimidiam^ eamque primariam 

pror£is i^cadain rjelinguere^ Speeimims nomen non paticur. Ha?c 

f altem sxcufacio nulIo)ure ad Dominum D. T. atcinere poceft» qui 

iai.SpMminis fui lineas inani iaftancta repleveriti dum Veterum & 

ReoQHtiQruminventa longiffime praecervexifTe gloriarur^ : Rem 

ftikhiModQttix &c Speciminis brevicaci magis obnv^nienteda^ mai* 

Vid. ASd roqud liugis Qeometris gracam praefticifTeCj (iba^Landt^^ juai nemo 

EruJ.pig.fimn ,fihi ipfi trtbueret^ in aliud tempus refervafTet^ & intereaRegu^ 

I70. ^^^Uibciertam-eligendi debitum Theorema exhibuiflec. Acquehasc 

i68d. fs ^ vulgacibus iftisj & Domino D.T. nimis familiaribus, , crrorum 

^'j^E' Afylis dida fufficiant. . .Ad pofteriorem ejus Regulam jam tran- 

' ieuiidum efl^ quamiificiemf.-quibaspciQri erroribusiuvtikifiamxepe-* 






Efio (inquit) ^2i= fL, cUmffr^ceperimfizfit duarum dimenfiio- 
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^ raio Theoremate infiitui ieon pojje : boc in cafu tertium Tbeorema a£imi 
^^ debere concluderem, in ^Uo necefiarii ali^ki termini eru$$tf'^ui a^a^ 
^ ies dimenfiones cum '^uantita^Hm z>(d^ x oktineam^ 

^^pofie^ ^Mi Figurae Qsiadrartix ^ft 4a^f=x\ mque te^ ntf^ 
in^ctM,^ nec iiaLqUiift:l$i''fed4li q^intaf id mioit»Qm)<2^ 

tricc 
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trice.ge&erali cattinetur; icpxckiMJnhoc czfyj noii tertiutnj hi 
quintum Theoreaia a(ruinenau<n CJtaf* :iFal(a iraque efl: ipfius Jle* 
gula, quastertium aflumere jubot^ quanao non niii quinram Theo- 
rema afTumendum eft. Et (i tam gravem commiferic errorem in 
Figura tam (implici^ ab ip(b etiam ad novam (iiam Regulam exa- 
minandam propoiita ; quam exigui (it momenti in aliis Figuris ma* 
gis compo(iris, ip(i Dojf^^ino .D. 71 & aliis abund^ patec Ad ple- 
nxorem vero confirmatignj^ftn.tr^ alias Figuras hic a(cribere vifum 

/1 » x^-)raxx ^ A!*4-»*** flc'4-^* ri • • l 

eft* jc*=: — ■ j «i = ; z;= ; Quia m his z, 

^ 4 ^ fp aaa ^ 

non ultra duas, nec x ulcra decem dimenfiones a^Turgit^ ideo jum 
Dominum Z>. T- nulla harum ultra tertium ejus Theorema aibsn-. 
dit ;, 8i|tamenex earum Quadraturis in Mechodo noftra determi- 
natas c6n(lat primam cum quinto^ (ecundam cum fexto, 6c tertiaio^. 
cum feptimo ejus Theoremate comparandam e^Te. Et de fecunda 
harum trium obfervandum eft; illam jam in Animadverfione mea 
propofitam fuifTe ; & licet primaria e(Iet Figura^ quam contra ejus 
Methodum adduxi ^ nulla tamen illius in his literis fada eft menno» 
quamabfque dubio fecifiet^ fi quovis modoillam.ad regulas ^oas. 
re vocare potuifiet : hoc enim pras cxteris, quas illi tum proparuer^tn, ^ 
peculiare habet^ quod cum fecundo eju3^ Theoremdte CQ.mparaiida 
fitj 6vc priorem j five Regulam fequaipur pofteriorem. Habes : 
itaquej benigne LeAor^ brevem^ plenaih tamenSc perfpicuamde- 
monftrationem Errorumj quos monitusetiam commiiic Dominus 
D. T. in tantopere ja<5bta Quadraturas determinandi Methodo. 
Confultius eSct, hxc celeberriino eorum Autort G. G. L. traftanda 
committere , & viis fuis antiquis. incedere ^ quibqs iiififtebac 
priufquam ip(um Parifiis qonyenirec : ViatoribgjjjBoiiiaL j«r,vi^^ iii*- 
cc^nitas incedentibus aberrare (aepiflk^q c^ntingitv ,!*,'. / /.'[ 

InconclufionehujusEpiftola: totus.eft.Cut folet) in' (emet;ip(um ViA Aa. 
&Inventa fua praedicando occupatus. Sle (fi creda^J Sp^Ui^b^tfiB.rud.Ati. 
Hcwtoni ferietus fimpliciares , rni^fyue genuinas: KJHs fbeoremaf^^ P- 

Barovianis multopravalenp : Wejfijimen exiikuis j^tf^odir Tangmr^^'^^^ '^^ 
tiumVniverfahs, ^iu^Umnemoalim^Afic^^ Omi\^(il^ 
piMesfermaTenwit^ ^ttoJ^ci^Ciir^fio,.M^^ i^Jlf.^jfij^ 
tribus Itneis prolixas Ja. Qriegorii \ fhpath . d^^ 
re potefi : tatitum tribus ^udtuorve P^^J^fri.jofef^ e^$m^m JOam^ 
Barrow magno prafiHit Theoremattim fiumfffg \ % ^ i^rok^^aj Mlufirl ' 
Hugemano ProUematiJimile propofuit. Alforum quxrere laudes; apud 

ompc$ji»^ab^t^r.i^ ^ ..^ 
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B^ prj*ftantiffitnbrum Vironini, qrjot etiam non-lseefScw aggri- 
ditur D. T. Caufam (ibi ipfis vel aliit flifeipientlam commHtans pau- 
ea addam tn defen(ionem celeberrimi Virl Tf. D> BnrrtJv, ia quem» 
meadecaufa, tamturlos^ invehitur. 

htvtnta Domim Barrofv nmtKm ^OTitgmxxtcSit.- — — Pixmemo> 
riae Virumj in omni fcientiamm ^[linlifb^irerfatiffimam , ejuf^e 
eeregia tnventa fats eictollerensn 'pomi: tantum enim & meri- 
to apud emnes probM $£ eniditos hooorem aiTeguutus eR, ob lum- 
mam Vircutem, Sc Naturx fux fuavitatem, profundx & omnigenx 
emditioniconjunftam. fis, qux ad famam ejijs miiiuendam not^- 
vie i), 7^ hrg repono. primo, generaliaillaTheoremata. quxia' 
vetitl) Domini Stfrrni' prxvatere ait, nonfua, fed ipiius eue D- ^>jr- 
w inventa: Sunt enim Exempla tantiim problematis ejus uoiver- 
£ilis''ab ipfo In pag. 125, Le^. Qtem.feluti; atquehxc vera caula 
eft, ob quam Dominus D. T. Theorematum inventionum celaverit* 
qox tamep quivi^ Tyrq ope ProUematis Baroviani invenire potelt. 
Secqndo, Dominus D. T. Methodum fuain prp maximis 8c mhiimu 
ek LeAjonibus Qeametrlcts Domini Bttrrtrw defumplit, ut primo 
iR^tu dcmftabit cuivis^ qui conferet pag, 14^. Le&. Gtom. cum 
•pA^. iii.AS: JSrn/l. Ami i6f ^. Ut>i eai^em prorfus Methodum 
r*periet, pr(m6 i Domino Bamtv Jnvont^m, ^ poltea k Domino 
l>;7:fibiipfiarrogatam." 'Terti6, hon Heuratio, fed CavalJerio^ 
qucm flrepu^ contra Tacquetum defepdit D- Barrou*, debetur hxc 
Methodus ipv^nlehdi Xneoremata: Ante Heuratium innotuit 
TVisn^LiJb fimjha eile proportionati^ 5: C^rvas efTe Poljfgona in- 
deftiitortfm htenim, Q^!^i^ hoc «mttendura (^ipfo dpmino D. 7. 
fetentej cognoVi^'fuiflfftit. ' Mira^ Jtaque definat D. Barrew. 
Heuratii mentionem nuttibi iecifl^; & miretur podus, qued 
ip(^ tam ig^ominiose de illo fcripferic, ex cujus Openb^s expilavjt, 
■' "' ' ■" 'qliicquidmlidi deFigurammQuadramris, quicquid etiam de maxi- 
■;.-'■ . jiia &c miffimij hasJtenus edideric : Nbllus equideni eftj quin jure mir 
^': ■■^^ari pofrtr, Dqm,ii;ium D. 7^ fua totiesdpcantataTheorenuta, iHiu^ 
"'in'veans pra;f?reflia qllfe airerere,^ £u[p'iinius taatum horum PcQbtc- 
nftcfipaiV/ e^dde p,eres;igua, itta oilmi^ exjftanr. Quod riifius.(le- 
irtonllrarerti; ntfi^-fcirem, quod, quicuriqije hax; noftra lcfturus fif, 
compar3p(teloca'cici.ca rem ca fe habere percipiet. Quarto, per 
M?tf^i?dlim qieaiji qpeTheoremahs Barovitiani fic tp^itur Prol)&- 
iria, cujus fblntfonem extemplg fin? calculo fe dedifTe ajt. 

Km u: Sh fiDS.'*ieM^^iafc(toieai -t^ia Tb^ *fr, OnBnatt' 
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pB=Ar^ Abfcifla EB—fs fitque DC Tangenti AD perpdndicula.^ 
ris ; Curvam EDK determinarc, ubi Quadratum BCin Imeam BD 
femper aequalc fic Ciibo date Lineae FG=^. Ex natura Proble- 

matis erit BCjxA:=tf ', unde BG=i^7 ; & per Methodumnoftram 

prifcfdqiitem» ^jiv' ^':r:v, 8| detctmiwioio Cn^^ ut jti^ «pKc^ 

mvemes »= j/ unde |jvT===*^, leu 25 iiiy*z=:^\ quae aequatio 
definic naturam Curvae quaefitae EDK ; erraffe proinde Typogra- 
phum video, qui in Leibn^f u ibkltku^ {K^it ji^a^y—i^ x\ 

Nec majori difficultate eodem modo invenietur Solutio hujus 
univerftlif ; In^vmi^rt Cmrvam. BVKii $ti ^acumiue f$tefia$es linea^ 
rum BGj BD intei^ fe nmhifHcM^^ a^ht pnt emvenknti potefiati 
linea data FG=ui ; Sit e exponens lineas BD^ & r exponens po- 
ceftatis Iiae« BC^ unde r-|-e eft coDveoi ens ex ponens lineae data^, 

VQ:=:a; idcoque ex natufk.prQyematiis BC t*^ >^ *' = ^'+' ; undi 
BG=:;=^;^i^ ukoque ad prclUenaa meum gpaecak r^ucitur^ 



^x ; 6c dttecmiaando C») uK 
jam expofiil iomnics udque ncs::^*^ ; ideoque Mqpada erit? 

— ^ r ' 

- — ^jf '^--;-=jcx Atque ficnon unum tantun^, eumque iSmpII- 

r ^ X 

ciffimum j fed omnes poffibiles cafus fub uno calcub complexus (um# 

Hascfiintt qua^ameinvitoextorficDominusD.T. qua^uefpero 
&mm vs^i profNftfictim habicc»a» qui <|isidc»: alius^non ^^ quaici;? 
iit ipfe cb iiip pemi nwlioca pmnac». wl &l^ndb akMum imeii* ^ 
ti& Isanaciwsi ra^ibm dkbt. 
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Mnes Locoratn Solidorum Cafus ad quatuor Theorema- 
ca generalia reducoj qfuorui^^primum, omnes Cafusin 
quibus Locus qusfitus eft Parabola ; iecundum & cerci- 
umi omne^ Cams^ ih quibus locus quaefitus eft.Hr^^^Ai ; 
quartum denique omnes Cafus, in quibus Locus qua^fitus eft Ellipfts^ 
univerfaHtercomprehendit ; atque has peculiares habent utilitates, 
quod nuUas ^quationis primo concepbe reduftiones vel cranfmu- 
tationes^ requirant ; Linearum in quolibet cafu ducendarum poiitio- 
aes{imul& magnitudines definiant^ abfque ullo refp^u ad multi- 
plices illas recilas pro variis fignis + & 7;-, & aequationum variis 
formulis connderandas. 

Theok. L 

■•'•'.. ■ • • ■ . • 

SINT 'Xf y, ^uamitaUi mctjgnit^e & indeterminat^, & fiat altir^ 
utrius barum, fata ic, initium certum & ittmutalnU fimSum Aj 
& ab boc funSo fer reStam AE pofitione datam indcpmti fe txtendere 
inteUigatHr ; fitque Angulus datus vel ajfumptus , quem faciunt x & 
y, aqualis Angulo kSX>. 

CONSTRUCTIO. 

Ducantur AK, BC paraliek ad EDj per A & C ducatur linea 
indefinita. ACF^ cui a punfto K parallela agatur alia Linea 
indennuaKHj in qua aflumatur punftum aliquod G ; tum vertice 
Q circa Diametrum 6H deicribacttr Parabola GD: quancicates 

aucem 



\ 



C <j 1 

Meem fid noechtur, AE=*, EDcr/, AB=3m, BC=», ACs^ 
AK?=i^ KG:=/i fitque r lacus re^m Barabolxj ex cujus nottflip 
ma propriecaca inveniecur. 

■-''■■ • ■ ■ i •;■■■/*• . » ; ' . . : . 

Theor. I. PAas K 

^ ' m '^ ^ mm iw * 

— — +^/ 



I f ___ ^, 



I» ' -■' 



.1. ♦ 



Secundo^ ^i^ A inifium immfttabik jjuantitatii x ^r nffMt AE Fig. 14; 
fojiti&ne datam exfenfa ; 5f^^tf 'An£ulus quem faciunt xd^y atfuoHi 
AnguWduto wl ajumpto AEDi 



CONSTRUCTIO. 



# t. 



Vtt A ijucatur AL parallela ad ED^ & a pun6l!o ejuS' aliqno B 
agatnr BC parallela ad EA^ per Aj C ducacur indehnica AGF; 
tum ^ pun Ao aliquo K in linea AE fumpco ducacur KH paralleti 
ad kBh denique apundio G in linea KH fumpco circa Diametrum 
G,H defcribacur f^rahola GD ; quanticaces eciamj uc fupra^ nocen^ 
mr, AB=x, ED=7, AB=w, BC=t*Pi AG=i=#> Alfc=*, KQc^ 
hcus reftum =r ; erit rurfiis, 

THEOR. I, I^ARS Z,. 

■■ • • • . ■ . . - . 

/ . '. ' ',*. " ' .1.1 ►"■ 

m nnm mi .. ' y^ 

m 

. Cu<n .xqu^o aliqua dataiV^l. inventa lQK;um.4 ParahoIa^dctGii;- 
minandum includic; eandem comparp, cum alftri' piWe^Hajits 
Theorematis , nempe fingulos hujus cum (ingulis iUius-i^irnu 
fecundum cognicas comparacionum le^^es^ &c hoc niiodQ inn6- 
tcfcent quanticaces k, /, m, n, e^ r/ determinadohl' fpetiafe-Ga- 
fus conveniences. Defcribenda enim eft Tarahola \\xy^^ praslcri- 
ptum Conftrui^iionis iflius parcis-IE^WoiomotisjiqucuaT infticufca 

fuit 



fbk OXntMMtiat^ tiifi quod pro auamitatibQs i» /, Mt, &c. qturitt 
TlieorefDiMUmqaojuimamictid^ qoam pojfxdonem ariatra- 

rix (umuntur , auumendi nnc earum vaiores ex comparationibos 
inventi^ qui magnitudinem fimul & pofitionem linearum k, /j n», 
&c. determinabunt. 

Vt hoc melius intoHigamr nbtandunv f. Quod auancitates (m) 
(0 nunquam poflunt efle nihilo a^qnales. i. Qpod m ^ n in^ 
niuntur, cum iaveota eft earum ratio. ;. Qiiod m, n inventis, 
inventa fupponitur e. jl «Quod exiftente »=0^ erit m^zej quia 
tum coincidunt pun&a 'B^ C^ & proinde etiam Lineas AC^ A.B. 
5. Quod quando valores unius aut pluriumquantitatum k, /j m, Scc 
Hmtii^iivi^ tttra linec« quA$ dobadanc, dooendae £nc/4B parces 
(WKrartas tiSi, ad quas ^ducuntur, in conftruAione TheoreoiaCis ; 
finaffirmativi (int^ ad eafdem, ex Algqbra nocuoi eft. Amuehasc 
omniade Hjperhla ethtn 8c Ellipfi dida intelligantur. 

Me non latet clariffimum Scbootenium in fuis in Cartefii Geome- 
friaffl Comimesif^riis 3 quantitates quafdam incognitas^ ex eamm 
CQin co^kis >coiciparatione determinare* Delideratam tamen Me- 
tkodiuniv^falitatemipfi non innotuiile conftar. Primo^ quodas* 
'Quacioaisj)roj^&asr^udionemTequir^^ Secundo^ quodafiquati^ 
otm^fic redQftas partem oxtra vinculum per regulas partia&Ures ex 
figais :4~ ^ ^-*^dependentes conftraendam efle iuppofiit, paccem io- 
lummodo^ quae fub vinculo includimr, per comparationesde^ini* 
nans. Tercio^ quod Comparationes^ quas inftituit^ linearum mag- 
nitudines tantum, non vcro earum pontiones determinent. Neu- 
ciquam vero hacc Gc accdjfienda velim, quafi dariflimi Viri labores 
parvi faciam ; ille enim finem fibi propohmm egregie ailequutus efl, 

Suem non inventionem^ lei Ciiri^/S i^egalarum uemailftraftiQnem 
ic reddere voluifle maniibftum eft. 

Exemt. 1. Si asqdafio Ik y*'--iiM=0, eam comparo cum prima 
parte Theorematis. 

t/iil^imaC^ unde •trro^ & prwnae w=s:#i 

.''*■'.. ■■■'' m 

fperNbt.4.} '= ^•'' - 
.Secmnda «"p^i Ik:4i 4Ut3fi 1==:^ 

m , 

Quuta 



n- ■ 



Quinta denique Comparatio kk-\^l=Cj unde fcs^r 



Ex his habetur loci (pecifica determinatio * nam fecundum pr^- 
(cripta prioris partis^ pofitione datur vel affumicur linea AE) cui 
in angulo dato vel afiumpto ducatur £D ; jam quia BC=n=ro, 
ideo line^ AC, AF coincidunt ("per not. 4.). A punfto A capi- 
atur AK,=k=o, ideo etiam pun^ A^ K^ & linea? KH^ AF co- 
incidunt. Et quia KG — / — g, ideo punftum G cum pundis Aj K 
coincidunt. Itaque vertice G (feu A vel K) circa Diametrum 
GH (ieu AEvel AF) defcribe parabolam GDj cujus latus redum 
fit r=ui i eritque Parabola fic defcripta locus qusfitus^ in qua quas- 
libet AE=x, ED=;^. 

Exemp. 1. Sit aequatio data f^ax-^-bb^o , hacc cum prirna 
Theorematis parte comparata daoitj 

Pnm6j — =pj unde n=o. 



{. ^ ." ' »-~ 



Secuhdo, ^ik^o. 

• ■ . • 

r ■ ■ . ■ • ■ ■ ..-■■■■ 

JM|M 

Tertioj — =0^ fic rurfus ft», & proinde «i=e (not 4.> 



^ ^ rnk re , 

QiiartOj — 1^— =.^, unde r=s. 

^ m m 

bb 

QuintOj kk-{-rl=bby unde fc=:— . 

• ■ 

Ex quibus juxta prasfcriptum prioris partislocus fic determinatur.Dth 
catur vel pofitione detur linea indefinita AE, quacum ED faciat An* 
gulum datum vel aflumptum AED ; iamquia BC=9=0jideo panfta. 
Bj Cj 8c hneas AE, AF coincidunt (per not. 4, j & quia AK ^ — k -^ o^ 
ideo etiampunda AKj & lineas AFj KH coincidunt : ca^atur KQ' 



=/= — (ad eafdem partes cum Schemate conflruftionb in priori 

parte adhibitas, quia valor quantitatis / efl affirmativus per not 5 J 
tum vertice G circa diametrum GH (feu GE vel GF) defcribe Pa-. 
rabolam GD cujus parametcr fit rrilirj dfoo hanc ^abolam eA* 

locum a^quationis propofitae qua^fitumj in quo A£t=;;^j EI>==r- 

K Extmp* ;• 



Uk. 



tm 



Exemp: %. Sk aequatio iT^x^hri, qt* cuin priorf paite 
Theorematis comparata dabit. 



Primoj — =^, undc 
m 



Tertso» =a. onde n=o ut pciusL 

mm 

QjMurtQi — — — — =^* unde r=- 



Quinto, denique ii-h»'/^— W, unde fc= ~; 

Ex quibus >uxta prsefcriptum ConftruAioais in priort parte adhi. 

bica^j habetur fpecifica loci determinatio. Ducantur AE, ED^ 

P^. 17^ in angub dato vel aflumpto AED : jam q^ BC~y~p ideo co^ 

incidentibus punftis B^ C» coincidunt etiam linea^ ABj ACF. 

Etquia AK=i=:^j ideo etiam lineas ACF, KH Qoii)$idunt; ca- 

piaturKG=fc=— , & vertice G drca diametrum GH defcribe 

Parabolam GD verfus partes A tendentemj contrarias mnirum iis^ 
ad quas ducitur in Schemate Theorematis (per not. <•) quia valor 
kteris refti rz=i^a efl: negjttmift \ erit hsBC Parabol» fecu^^ucfinis^ 
m quo AE=Xj ED=7. 



Extmf. 4« Sit asquatio locum ^ porahoU detmhfnandEim indki^ 
dens xxA^aj^hyz=o^ quae cum parte Theorematis fbcunda compa- 



s 2n. 

SiKiiiid^ 



Tertid, — =a, unde ut prius 






..;i 



Qiiint^ 



hh 

Ex quibus habetur fpecifica loci determinatio juxta pra^fcriptam 
Conftrudionis in parte a. adhibita?. Ducantur AE, EDj in An- Fig. ii. 
gulo dato vel aflumpto AED ; quia BC=:«=aj ideo AF, AL; & 
quia kYJ—lr-o^ }deo etiam linex AF^ KH coincidunt : capiatur 

bb 

THG—l— — : tum vertice G, latere refto r= — a defcribatur pa- 

a 

rabola circa diametrum GH deorfuni verfus hneam AE tendens, 
quia valor paramecri efl n^tivus: erit Parabola ik deicnpca locus 
quasfitus, in quo AE=x, £D=7. 



Exemp. 5. Slt «quatio^*— — - H ^ bx ^dJ:=:oh quae 

a /^aa 

cum priori Theorematis parte comparata dabit^ 
Pnmo, — = ; . 



Secundoj — i 

Tertio, = ; jam quia (w) femper fumi poffit pro ar- 

ffffn ^ aa ^ 

bitrio (^per not. i) pono m=a, unde ex prima & tertia Compara- 
tione «^:-^ i k 



^ ^ %nl n , , at 

Quartg, — -»-— =— ^, unaer=:— >. 

^ ^ m m t 

XJjiintOj H-^l^i^dd^ unde /=— 



41^ 



Ex quibus habetur Loci deterrfiihatio, juxta C6iiftru<9ionem in 
'kvt parte adfaihitam* Ducantor AE. £D. tn Anfitulo datovel 






valor ejus eft negativus. Per A 8c C ducatur linea indefinita ACF; 
jam quia AK=i=3p, ideo punda A, K, & lineae AF, KH co- 

ificidunt^ in linea KH ( vel AF) capiatur KG=/5=:-^ —7^ 

K 1 ad 



c<5n 



a3 pa rtes finiftras 'pimAi Kj quia ad partes dextras (umicur itt 
Schemace Theorcmatis^ (per not. f. ) vertioe G^ latere redo 

ab 

r=— de(cribaturParaboIaGD circa diametrum GH, erithxc pa* 
rabola locus quxfitus in quo AI:==x^ £0=9^. 

Extmpy 6. Sit X* ^J^tbyx^cx-^ hbj* --^lcy^^ cc 

a aa a 

Hasc cnm parte Theorematis fecunda comparata dabit^ 

Primo —=::—, pofito ad arbitrium iw=^, erit n==b. 
w ' a 

becundoj = — , ut m prima. 

1X7119 a^ 

Tertio, — -iit=. — r, unde k=ic. 

^ V ^ ini re bc . ba 

Quarto, — ^ — =— — , under= — • 

m m a' e 

Q^into^ ii-t-r/=:— :Jcc, unde /=~ —. 

Ex quibus habetur loci determinatio juxta pra^fcriptum Conflirtt- 
FiS- ^^* ^onis ftcundas partis. Ducantur itaque Uneac AE^ ED in Angub 
dato vei aiTumpto AED^ & AL paraiiela aJ ED^ in qua capiatur 
AB=»r=i, & a pundo B diicatur BC==ff=:b, parallela ad AE, 
per A & C ducatur indefiiiita hnea ACF; & in AE capiatur 
AK=ik=i c : a puniSto Kagatur KH (parallela ad AF) inqua 






ecc 

capiatur KG=/=-^ — : , ita ut Q c^dat infra Kj quia in fchemate 
iecunda? partis G fupraK (per not.j.) Tum vertice G^ fiejbtere 
redor= — drca diametrum GH defcribe parabolam QD; acque 
ha^c erit locus quaefitus in quo AE=x, ED=7. 

Singulas literas ad Figuras hujus Theorematis fpeftantes, jFigura^ 
nniufcujufque cafus adjeci ut facilius appareret quomodo ex eodem 

profluanc 



1^1 

profluant exempk modo adduda ; quas dcfumpta funt ex libro per< 
eximio illuftriffimi D* Jobannis Je fPitf, qui hanc Geometria? par- 
tem ad longe maiorem perfedionerri promoviflet, hifi Fata cruen- 
ta Virum eripuifieac de literaria Republica meritiffimum. 



the^k. ir. 

SI NT X, y^ quantitates incognita & indeterminatai^ &fiat aher^ 
utriiis barum, futa x, initium certum & immutahile ^unEtum Aj 
i e^uo per reBam pofitione JatamAE indefinite fe extendere intelligatur ; 
ptijue Angulusdatus wl ajfumptus^ quemfaciunt x^ y^ aqualis Angulo 
AED. 

CONStRUCTIO. 

Ducantur AK^ BC, j^aralleb ad ED^ & per Aj C^ ducatur li- 
nea indeBnita ACF^ cui a punfto K parallela ducatur KH^ in qua 
aflumatur pun£tum ali quod G ; tum vertice Glcirca diametrum GH 
defcribe Hjferbolam GD, cujus latus redum fit GP, tranfverftim 
MGj & centrum N ; quantitates fic notentur. AE=:x, ED=7, 
AB=w, BC=», AC=#, AK=:*,KG=:/iGN=GM=/, GP=r j 
tum ex natura HyperboU invenietur. 

Theor. X. Pars i; 

m mm m 



immt 

mt 



^ridx-^rrl '^_^ 



rex r 



II 



m it 



Secundoj iilHehi pofitiSj ConfiruStio erit ut fupra :. Ducatur AL 
parallelaad EDj 4 cujus pundoaliquo B ducaturBCad A£ paral» 
leia, Sc per Aj C indefinica ACF, cui a pund:oaliquo K ffumpto 
in iinea AE) parailela (it KH; tum vertice G (in KH fumpto> 
circa diametrum HG defcribatur Hyperbola GDj cujus latus tranP 
verfum GM^ iatus re^um GP^ 8c centrum N, pofitis etiam ut fu- 

pra 



. .i 



<3N=;NM 

nietur. 



EDsr, kR=m, BC=:n, AC=^; AK=£, KG^/i 
=r, GP=r ; ex eadcm Hyperix>I« proprieuto' inVe- 

Theok. 1. Pars X. 



A?*4" ^«•y^"^ * fcf+«*j7 '^ ***^ 4"*'^ 
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imm$ 



mt 
m 



+ rll 



>=^. 






Aflumaturj eoKcmpIi gratiij Cartefii Analyfi s pro Qaagftkme 
'Vcterum i Pappo memocata> uU f=WHp- — ^^^'^'^'ox-^^ xxi 



& ad confufionem evitandam, pro m fiibftituto c^dpvo», 8ci pro 
i^; his poficis, 8c arquatione ad formulam Theorematis ledudaeric 
^tique. 



z,z. 



^U^ - 



0» 



^x 



Ha^c cum prima Theorematis parte comparata dabit, 

'^rimoj — = — 5 & (umpto ad arbitrium m=z^ erit f$rzJ. 
m z> 

Secundo, —xitnr-^iir, unde kzsze. 



Tertio, 



I»;» %mt zZb 



^^ X 1 »^ . rf/ re 

^ * — — ^ mf m 



tJc , , ', reec^ 

— *^J tindefes- 



Quntdj 



^ rll 

Quintd» deni<iiie ii-i-r/-r "^=^j &lubftituend6 valoresquan- 

titatum i, /, f, |am mvcntos, ent — •- — r««=» J qu«redu(aa 

1 1 . f^* 4pz^z^ z, j— 

dabitr= ' — - Vhl^4fc. 

V <e ee e ^ 

Ex quibus habetur fpecifica loci determinatio, fecundum pne- vid F$g. 
fcripta conftruftionis in priori parte (ecnndi Theorematis adhibitas i pag- 26. 
dummodo puncftum C lupponatur in Anguio EAR. Diligenter ^**' ^^^* 
enim hic notandum efti quod in priori parte horum Theorematumj 
lineam ED (leu j) femper fupra lineam AE, ideoque Qirvam 
GD fupra diametrum GH ; ikut in poftenori parte Cunram GD 
femper ad dextras partes diametri GH fuppofuerim. Sed fij iifdem 
pofitis^ hanc ad partes dextras^ illam vero infra diametrum GH 
defcribendam fupporueris^ mutanda erunt (igna iecundi Sc tertii 
termini Theorematis^ priufquam fiat Comparatio tUius^ cum pro* 
pofita quahbet xquatione : quod pariter de primo & quarto The* 
oiemace notandum. 

Si div^fi prbvehiant valores quantitatum h r^ t ^ ex natura 
aequationis propbfit^ conftabk> auinam fint valores earum conve- 
nieaces^ qui ad locumquxfkum oefcribendum pertinebunc 

Theor. III. 

SJ NT ^Mntitafes meogmts & iftditerminata^ x^ y, JngHlmmfii^ 
eientes darum velajfmnptum AED. 

CONSTRUCTIO. 

Ducatnr AK paraltela ad ED, in qua ex pandis 6« R^ fk\gts> 
tur normates HGT, & RS eidem AK vel ED parallehe^ tum tff^ 
lymptotis GL , GH ^ defcribatur Hyperbda FSD tranfiens per 
punAum S. Ponatur K&=x^ ED=7» AK=ia lkQ=i^ GR:=^, 
RS=;f; erit 



Theor. 



Zril 




'':> 




■ -^ 



Ad hoc reducuncur omnes xquatjones, in quibus nec xx nec yy 
reperiunturj & habetur fpecialis cujuflibet determinatio per com- 
parationem aequationis propofitas cum hoc Theoremate^ uc In 
-casteris. 

Exemp. I . Sityx^ix-j-^ejf^zo aquatio data ; 
Ex Prima Comparatione + ifc =: + ^, 
ExSecunda^ l=c. 

bc 

Ex Tertia denique, ^lkr^szrzo, nnde i=— — • 

- r 

Et quia plures non (uperfunt Comparationes, ideo r ad arbitri- 

um fumi potefl:* Ex his juxta Conftrudionem in Theoremate 

adhibitam Locus fic determinatun Ducatur AEj & ex pundo A 

erigatur AK=^=^ angulumfaciens KAE ^qualem Angulo quem 

comprehendunt x, y^ per K ducatur GKL parailela ad AE^ in qua 

be 
capiatur ut libet GR=r; ex pundo R ducaturRS =/=——, 

r 

^infraGLquia ejus valor eft negativus juxta not. <• Theor. lO 
Tum Aflymptotis GL, HGT, dcfcribatur Hyperbola FSD tran- 
fiens per pundum S ; erit ha^c Hyperbola Locus quasfitus, in quo 
AE=;c, £0=;^, &c. 



-Qiiamvis quantitas (r) quoad magnitudinem iemper ad libitum 
^flumi poffit^ pofitio tamen ejus ita ordinanda eft^ ut ED (feu/j 
femper dextrerfum cadat fupra lineam AE^ ut conftat ex Conftru- 
dione in Theoremate adhibita. Ad hoc efficiendum, ita explican* 
dus eft valor quantitatis (s ) ut pars Hy perbob? per pundum S 
tranleuntis dexuorfum cadat fupra Lineam AE : Aflymptotoruni 
altera femper eft GR, altera vero eft Linea ex punfto G paraliek 
ad RSj & ad eafHem partes dufta. 

EX09^p% %u 






. , !■* 



. .vlf 



I 

■ ■ *. ■• 5' 



f 



Erit Prima Comparatio k :=:^ h. 
Secundaj /=— ^. 

Tema. '^lk^rs=:Of undei=-^ — . 
' - r 

r 

Ex quibus Locus qusfitus (ic defcribitur. Ducatur lioea indefinita 

AE ; Angulum faciens datum vel afTumptum AED; k pundo A 

ducatur AK=:4=— ^ paralieh ad ED; aK ducaturKG=fc=— ^, 

& parallela ad lineam. AE f ratio pofitionis utriufque patet ex not. <. 

Theor. i.) jam in explicatione quantitatis (s) confiderandum efr, 

quo pafto pars Hyperbok (upra AE exiftat^ & quidem patet hoc 

faeri son poffej nifi RS cadat ftipra JwG, id efi^ nifi valor quanti-> 

^^\ . 

tatis / (fcil. ~ — J fueritaffirmativus; & quia fumendo GR a<i 

finiflras partes pundiiG^ id efl,fumendo valorem negativurn quanti^ 

tatis (r), valor lineae (J) affirmativuserit Cnami= =: — ) 

concludo arbitrariam quahtitatem r (=GR J finiflrorfiun a pimdto 

G fiimendam efle ; ex: R ducatur RS = — ; & a G ducatur GH ad 

r 

RS parallela ; Hyperbola Aflymptotis GKj GH, per punftiim S 
tranfiens erit locus quasfitus, in quo AE=::v, ED=7. 



: i 



Theor. IV. 

S/JVr XjY^^uantitates incognlta&indeterminata AngulHTafatitHtet 
Jatumvel ajjumptum AED ; fiftjue A initium immutabile quanti- 
tatis xper reSfam AE fofitione datantextenfa. . . ' 






Ducantur AK, BC parallela ad ED, & pcr pun(9:a A/ C, linea 
indefinita-ACFj cui a pundoK parallelarfit KH, in -qua fumatui: 
pAndum alicjuod H, tum yertige Gcfrca diamstrum fBH defcrib»-' 
tur femiellipfis GDM^ cujus tranfverfum efl GM, latus redum 
QPj- acCentrum N ; linea^ vero^ ut fupra notentur. fcil. AE=;x^ 

L ED=/> 



